
Abstract. Most of the physical properties of a solid depend to a
greater or lesser degree on its isotopic composition. For the first
time a systematic analysis is presented of isotopic and disorder
effects observed in crystals of various isotopic composition
using low temperature large exciton spectroscopy. Substitut-
ing a light isotope with a heavy one increases the interband
transition energy and the binding energy of the Wannier ±Mott
exciton as well as the magnitude of the longitudinal-transverse
splitting. The nonlinear variation of these quantities with the
isotope concentration is due to the isotopic disordering of the
crystal lattice and is consistent with the concentration depen-
dence of line halfwidths in exciton reflection and luminescence
spectra. The common nature of the isotopic and disorder effects
in the crystals of C, LiH, CdS, Cu2O, and Si and Ge is
emphasized.

1. Introduction

It has been traditionally assumed that the main application of
lithium hydride is in nuclear power engineering. This view,
however, has changed considerably over the past thirty years.
Lithium hydride is now also regarded as a promising material
for high-temperature superconductors [1], this property being
attributed to the conduction band of the metallic hydrogen
[2]. The discovery of line luminescence of free excitons,

observed over a broad temperature range [3], has placed
lithium hydride among the tentative sources of coherent UV
radiation [4]. Apart from these recognized applications,
numerous new possibilities have opened up recently in
connection with rapid advances in the physics of solids with
isotopic compositions (diamond, lithium hydride, zinc oxide,
cadmium sulfide, germanium, etc.) Ð namely, isotopic
engineering [7, 6]. For example, there are elements of fiber
optics which take advantage of the different refractive indices
of different isotopes; optical memory and information
storage modules; all kinds of radiation detectors, the
homogeneous doping of semiconductors through neutron
transmutations; and many other practical applications (for
more details see Refs [3, 6, 7]). The use of materials with
specific isotopic compositions requires a comprehensive
knowledge of the fundamental principles of the physics of
electron and phonon states of the substances, since many
applied problems are primarily related not only with the
migration of energy, but also with the scattering of electron
excitations by phonons. The most rewarding method of
studying these processes may well be the method of exciton
spectroscopy.

Now, almost six decades after the introduction of the
exciton quasi-particle by Ya I Frenkel [8], the outstanding
potency of this idea is especially clear. According to Frenkel,
an exciton is the electron excitation of an atom (ion) in a
lattice, which by virtue of the translational symmetry of the
latter, migrates within the crystal as an electrically neutral
formation. After Frenkel, the concept of an exciton was
further developed by Peierls [9], Slater and Shockley [10]. A
different approach to the problem of light absorption by a
solid was developed by Wannier [11] and Mott [12]. Accord-
ing to Wannier and Mott, an exciton is a Coulomb-bound
state of an electron and hole, which are considerably
separated spatially, and whose charges are screened. Since
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Frenkel dealt with excitons localized on the lattice site, in the
wake of the Wannier ±Mott studies it became usual to
distinguish Frenkel excitons (small-radius excitons; see Ref.
[13]), and Wannier ±Mott excitons (large-radius excitons
[14]). There is, however, no fundamental difference between
these two models [13 ± 15]. The experimental discovery of a
large-radius exciton by E F Gross [16] in the hydrogen-like
absorption spectrum of semiconductor crystals launched the
new science of exciton physics (see also Refs [17, 18]). It has
been demonstrated more than once (see Ref. [16] and
references therein) that external factors (electric and mag-
netic fields, axial and hydrostatic deformation) affect the
optical spectra of Wannier ±Mott excitons and their energy
characteristics (see also Ref. [19]). These studies have
provided very accurate details concerning not only the
binding energy of large-radius excitons, but also their
translation mass, the effective masses of charge carriers,
their g factors, etc. Moreover, a detailed study of photon ±
exciton interactions has led to the concept of polaritons [20].
The problem of the interaction between excitons and the
lattice [21] has remained topical for over four decades since
the discovery of the Wannier ±Mott exciton [16].

In the adiabatic approximation the dependence of the
binding energy of an electron in a hydrogen atom on the
nuclear mass is described by

Ryd � 2p2
mc4

h3c�1�m=MH� ; �1�

where m, MH are the masses of the electron and the nucleus,
respectively. In the Wannier ±Mott model, the SchroÈ dinger
equation for the exciton is resolved into the function of a
hydrogen-like atom whose effective mass is Ze � e=e (e being
the dielectric constant of the medium), and the energies of the
exciton states are described by the hydrogen-like expression
of the form (see, for example, Ref. [14])

En�k� � Eg ÿ me4

2h2e2n2
� h2k2

2�m�e �m�h�
; �2�

where k is the quasi-momentum of the exciton; m, n are its
reduced mass and principal quantum number, and the
translation mass of the exciton (M) is equal to the sum of
the effective masses of electron (m�e ) and hole (m�h). By
analogy with Eqn (1), the binding energy of exciton
Eb � me4=2h2e2n2 is practically independent of the nuclear
mass. Hence we come to the natural conclusion that there is
no isotopic effect in a frozen crystal lattice on the levels of the
Wannier ±Mott exciton. This simplified treatment, however,
does not take into account the exciton ± phonon interaction,
which to a certain extent is non-adiabatic (see, for example,
Ref. [22]). The constant of exciton ± phonon interaction
depends on the frequency of phonons, and hence on the
mass of vibrating crystal-forming particles Ð that is, on the
mass of the isotopes. The isotopic dependence of the binding
energy of large-radius excitons was observed experimentally
with LiH and LiD crystals in Ref. [23], where the reflection
spectra of these crystals at low temperatures were measured
for the first time (see also Ref. [24]). As will be shown below,
the discovered dependence of Eb on the isotopic composition
of the lattice has opened unique opportunities not only for
reconstructing experimentally the constants of the Coulomb
and Frohlich interactions, but also for controlling the
efficiency of the exciton ± phonon (polariton ± phonon)
interaction.

The study of energy spectra of elementary excitations in
condensed media with short-range interaction has a long
history [25]. Although the kinetic phenomena in disordered
media are often of the same nature as those in crystals (see, for
example, Ref. [26]), the energy spectrum of elementary
excitations in non-crystalline media is more complicated.
For instance, in addition to the coherent states which
conserve quasi-momentum, the non-crystalline media exhibit
localized states. The proportion of the latter, given that the
degree of disorder is high enough, can be quite considerable
(in the one-dimensional case, for example, all states are
localized), so that the localized states will substantially
modify the kinetic behavior (see also Ref. [27]). The con-
temporary physics of disordered systems is a vast and
diversified branch of the physics of condensed matter. In
addition to the monographs cited above, we should also
mention the reviews [28 ± 30] concerned with the effects of
varying degrees of disorder on the characteristics of electron
excitations in such systems. Still, even though Ref. [30] gives a
rather detailed analysis of the effects of disorder on the
characteristics of free and bound excitons in chemically
mixed crystals (mostly using the examples of A2B6 and
A3B5), the effects of isotopic composition on the exciton
states have not been considered. In this respect the present
paper may be regarded as an addendum to the review [30] of
the optical properties of chemically mixed crystals.

There were threemain stimuli for the writing of this paper:
firstly, a rather large bank of information on the spectroscopy
of large-radius excitons in crystals where the isotopic effect is
present has accumulated over the past twenty years, which
has not yet been reflected in any major review. As will be
shown below, these studies have started a new direction in the
physics of large-radius excitons. The second stimulus is
associated with the practical requirements of isotopic engi-
neering (for more details see Refs [6, 7]). Finally, it is
necessary to develop the Wannier ±Mott theory itself (see,
for example, Refs. [31 ± 33]), which requires knowledge of the
static and dynamic characteristics of large-radius excitons in
different media under different conditions.

Our review consists of seven sections. It starts with the
traditional introduction; Section 2 is concerned with the
experimental studies of large-radius excitons in lithium
hydride crystals. We also give a brief comparison of excitons
in the crystals of C, ZnO, CdS, Ge and Cu2O in relating to
isotopic effect. The band structure of LiH crystals, in
comparison with the experimental results, is briefly described
in Section 3. A more substantial fourth section considers the
problems of the exciton ± phonon (primarily Frohlich) inter-
action, and the isotopic effect on the electron (exciton) states.
We demonstrate that the replacement of a light isotope with a
heavy one leads not only to an increase in Eg (which has been
known for LiH for almost fifty years [34]), but also to an
increase in the binding energy Eb. It ought to be noted that
these effects (the change in Eg and Eb) are most conspicuous
in LiH crystals, although today they can also be reliably
measured in other crystals with isotopic compositions. The
results of experiments on exciton ± phonon luminescence are
described, which prove the existence of excitons quasi-
momentum in LiH crystals and their isotopic analogs,
enabling one to monitor their band relaxation. Another
interesting manifestation of the isotopic effect is the increase
of the magnitude of longitudinal-transverse splitting of
polaritons when a light isotope is replaced with a heavy one.
These results are discussed in Section 5. Section 6 is devoted to

554 V G Plekhanov Physics ±Uspekhi 40 (6)



the effects of isotopic disorder onWannier ±Mott excitons in
crystals with isotopic composition. The disordering of a
crystal lattice creates not only a nonlinear dependence of Eg

on the isotope concentration x, but also nonlinear line
broadening with increasing x in the exciton spectra of
reflection and luminescence in crystals of lithium hydride
and germanium. Once again, these effects are strong enough
to be easily registered with modern equipment for low-
temperature spectroscopy of large-radius excitons. In the
Conclusions we discuss the difficult and yet unsolved
problems in the physics of large-radius excitons in disordered
media with isotopic composition. From the immense volume
of literature concerned with excitons in disordered and
isotopic media, we primarily selected those reviews and
monographs which contain extensive bibliographies.

2. Excitons in crystals of LiH

2.1 A comparative study of the edge of fundamental
absorption in LiH, Li2O, LiOH, and Li2CO3

Let us briefly discuss the history of studies of the edge of
fundamental absorption (reflection) of lithium hydride,
which will allow us to proceed immediately to the point.
Although the first measurements of absorption spectra in thin
films of lithium hydride were carried out as early as the 1930s
[34 ± 36], the problem of the starting point of fundamental
absorption of LiH remained controversial for a good forty
years [37 ± 41]. This was primarily due to the fact that the
results of Rauch [36] were different from those of Refs [34,
35], and he attributed the absorption band observed in Refs
[34, 35] around at 4.9 eV at room temperature to the
absorption by F-sites (see also Ref. [41]). The main cause of
major disparities between the results of different authors is
the high hygroscopicity and the extremely high reactivity of
lithium hydride. However, carefully prepared thin films of
lithium hydride permitted Pretzel, together with colleagues
[37] not only to reproduce the results of Refs [34, 35] with a
high enough accuracy, but also to measure the absorption
coefficient in the long-wave band (the exciton band with
EM � 4.92 eV at room temperature [5]), which was found to
be of the order of 105 cmÿ1. It was this that allowed the
attribution of the long-wave band in the fundamental
absorption spectrum of lithium hydride to the production of
excitons in lithium hydride [39]. Notwithstanding the con-
clusive results of this study, for another fifteen years the
opinion still prevailed (see, for example, Refs [39, 40]) that the
edge of fundamental absorption lay in the vacuumUV range,
in accordance with Rauch's results [36]. The confusion was
aggravated by the lack of data on the edge of fundamental
absorption of the compounds (Li2O, LiOH, etc.) likely to
occur on the surface of LiH as a result of oxidation (for more
details see Ref. [42]).

A breakthrough was made in studies [23, 24, 43 ± 48].
Numerous measurements of the edge of fundamental absorp-
tion, performed with LiH crystals from different lots, demon-
strated that the edge of absorption lies in the neighborhood of
5 eV (Fig. 1). Among the compounds listed in the heading of
this section, LiH has the longest-wavelength edge of funda-
mental absorption. The closest to LiH is the edge of
fundamental absorption of Li2O crystals [44] (see also Refs
[47, 48]). According toRefs [49, 43, 45], absorption by crystals
of LiOH and Li2CO3 is shifted towards shorter wavelengths.
All these compounds, with the apparent exception of LiOH

[49], exhibit direct electron transitions which shape the long-
wave edge of fundamental absorption. The edge of absorp-
tion of LiOH crystals shows a long tail [49], which may be
attributed not only to indirect electron transitions, but also to
the poor quality of these crystals [45]. The lack of detailed
low-temperature spectroscopic data on the absorption
(reflection) of these crystals currently prevents a more
comprehensive interpretation. It ought to be added that the
detailed investigations carried out in Ref. [50] indicate that
what is primarily observed are the changes in the reflection
spectrum of LiH crystals in the 6 ± 15 eV range, which are due
to photolysis rather than oxidation or hydration of the crystal
surface.

The results quoted in this section indicate that the
comparative study of the edge of fundamental absorption of
LiH, Li2O, LiOH and Li2CO3 crystals gives evidence that
lithium hydride exhibits the lowest energy of band-to-band
transitions among these substances.

2.2 Exciton reflection spectra of LiH crystals
At room temperature and normal pressure, lithium hydride
forms a cubic lattice of NaCl typeÐ that is, the crystal is built
of two cubic face-centered lattices displaced with respect to
each other by a half-period of the lattice [51]. Compounds
with such a crystalline structure belong to the symmetry
group O5

h. According the type of chemical bond, LiH is
traditionally regarded as an ionic compound [alkaline ±
halide crystals A1B7 (AHC)]. A more careful study of this
problem, however, reveals that the heteropolarity ranges
from 0.8 to 1 (see, for example, Ref. [52]). If we compare the
radii of ions rLi� � 0:68A and rHÿ � 1:5A with the lattice
constant l � 2:042A, it becomes evident that crystals built of
cations and anions of highly unequal size exhibit especially
low melting temperatures [41]. According to Ref. [53], this
feature is explained by the effect of double repulsion: the large
ions are in contact not only with their closest neighbors, but
also with one another. The main structural characteristics of
lithium hydride (and its isotopic analogs) are given in Table 1
together with those of the AHC LiF, a typical representative
of the A1B7 family.

Specimens of LiH, LiD, LiHxD1ÿx (0 < x < 1) were
grown from melt using the modified Bridgman±Stockbagger
method (see also Ref. [54]). This technique is described in
detail in Ref. [57]. To improve the stoichiometric composition

6 4 E, eV

1

23

4

K

Figure 1.Absorption spectra of crystals: 1ÐLiH [49]; 2ÐLi2O [44]; 3Ð

LiOH [49]; 4ÐLi2CO3 [45] at room temperature.
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with respect to hydrogen (deuterium), the crystals grownwere
additionally annealed in an atmosphere of hydrogen or
deuterium at a gage pressure of 3 to 5 atm and a temperature
500 to 550� C (melting point is 961 K and 964 K for LiH and
LiD, respectively). For some crystals the time of heat
treatment was as long as 20 days (for more details see Refs
[41, 54]).

Given the high reactivity of freshly cleft LiH crystals in the
atmosphere, we had to develop a procedure of cleaving which
would not only ensure an initially clean surface, but also allow
us to keep it fresh for a few hours (the time taken to complete
an experiment). These requirements are satisfied by the well-
known method of cleaving directly in the helium chamber of
the optical cryostat under liquid or superfluid helium, first
tried in Ref. [55]. We did not notice any changes in the spectra
of reflection [5], or luminescence [56], or resonant Raman
light scattering (RRLS) [57] while working for 10 to 16 hours
with the surface prepared in this way (see also Ref. [58]). The
device for cleaving the crystals had three degrees of freedom
and rotated through 90�, which greatly helped in carrying out
the experiments. As a rule, specimens for experiments were
cleft off bulky high-quality crystals. In addition to the
chemical and mass-spectrometric analysis [49] of the concen-
tration of anions (isotopes) in the solid solution LiHxD1ÿx,
the composition of the crystals was also checked by measur-
ing the location of the maximum of the no-phonon emission
line of free excitons [59]. X-ray analysis indicates [60] that
mixed crystals form a continuous series of solid solutions and
behave as a virtual crystal with lattice constant changing
according to Vegard's law. The experimental setup for
measuring the low-temperature reflection and luminescence
spectra has been described more than once (see, for example,
Refs [55 ± 58]) and consists of a double grating or prism
monochromators, an immersion helium cryostat, and a
photovoltaic detector (in photon counting mode). The
results presented in this paper were obtained from a clean
crystal surface cleft, as described above, directly in liquid
helium. The spectra of mirror reflection were measured (if not
indicated otherwise) using an the angle of incidence of 45�.
For our studies we selected specimens which exhibited low
dependence of exciton spectra of reflection and luminescence
on surface features (see also Ref. [56]).

The spectrum of mirror reflection of LiH crystal with a
clean surface{ atT � 4.2K is plotted in Fig. 2. We see that the
spectrum exhibits a well-developed fine structure. The long-
wave reflection maximum corresponds to an energy of
E1s � 4.950 eV. This maximum shows a conspicuous singu-
larity on the short-wave side at 4.960 eV [57]. A similar
pattern in the reflection spectrum of a clean crystal surface
was repeatedly observed later (see, for example, Ref. [50]).
Towards the shorter wavelengths away from this band, the
dispersion dip is followed by another maximum at
E2s � 4.982 eV. As the temperature increases, this peak shifts
towards the longer wavelengths and its intensity decreases
(Fig. 3); at T4 115 K it becomes indiscernible (Fig. 4). This
allows one to believe that the falling intensity of theE2s peak is
due to the process of ionization of the states responsible for
this maximum. By analogy with the results of Ref. [66], the
ionization energy of this state can be roughly estimated
assuming that DE2s � kBT (where kB is the Boltzmann
constant). According to such an estimate, the ionization
energy is DE2s � 10 meV. It ought to be added that the long-
wave drift of this state with increasing temperature is not the
same as the shift rate of the long-wave reflection band (see
below). The high values of the reflection coefficient (0.7 ± 0.9)
of the first long-wave peak, and its relatively small half-width
(DE4 25 meV) together with the sharp temperature depen-
dence (see Fig. 9), allow to connect the peaks E1s and E2s with
the first two terms of the hydrogen-like series of the
Wannier ±Mott exciton. According to Ref. [23], the electron
transition is direct and occurs on the border of Brillouin zone
at point X, where the distance between points X1 and X4 is
smallest [67, 68]. The assumption of the hydrogen-like nature

{Earlier results, obtained as a rule, from oxidized and hydrated surfaces,

and the historical account of controversial interpretations can be found in

Ref. [41], which also contains an extensive bibliography up to 1985.

Table 1.Main lattice parameters of LiH, LiD, LiT, and LiF crystals.

Parameter LiH LiD
[37, 60 ë 62]

LiT LiF
[63 ë 65]

Lattice
constant, A

Density, g cmÿ3

Binding energy,
kcal molÿ1

Heat of formation,
kcal molÿ1

Melting point, ¬

Refraction index

e1
e0

4.084
40,65 (16 K)

0.775

ë217.8

ë21.67

961

1.9847

3.61
12.9� 0.5

4.068
4.0149 (16 K)

0.802

ë218.8

ë21.78

964

1.9856

3.63
14.0� 0.5

4.0633 4.017
4.001 (0 K)

2.640

ë243.6

ë145.2

1115

1.3916

1.96
9.01

5.00 4.95 E, eV

R

LiH
4.2 K

Figure 2. Mirror reflection spectrum of LiH crystal cleft in liquid helium.

Angle of incidence 45�.
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of the energy spectrum of excitons (especially in the region of
the parabolic exciton zone with energy E4 40 meV [69]) in
LiH crystals seems natural because:

(1) the observed ratio of intensities of the first two peaks in
the reflection spectra, in accordance with the theory of Ref.
[70] for direct allowed transitions, is close to the law nÿ3,
where n is the principal quantum number (see also Ref. [32]);

(2) in terms of energy, the distance between these two
peaks (D12) is much less than the energy of the longitudinal
optical (LO) phonon (�ho � 140 meV [71]) (see, for example,

Ref. [46]); for LiH the ratio is D12=�hoLO � 0:3; note for the
sake of comparison that for excitons in CdS, where the model
of large-radius excitons works well (see, for example, Ref.
[72]), this ratio is 0.74 [18];

(3) the arguments in favor of the applicability of the
Wannier ±Mott model to excitons in LiH are supported by
the fact that a similar structure, consisting as a rule, of two
lines, is observed in the reflection spectra of many semicon-
ductor crystals [17, 18, 72, 73].

On the strength of the arguments developed above, and
with due account for the energies of the long-wave peaks E1s

andE2s, we get the following value of the exciton Rydberg for
LiH: Eb � 4=3D12 � 42 meV (where D12 � E2s ÿ E1s, and
DE2s � 11 meV). Here DE2s is the binding energy of the first
excited exciton state. The value of DE2s found from the
hydrogen-like formula for the binding energy of exciton (see
above) agrees well with the above estimates of the energy of
thermal ionization of the n � 2s exciton state. Independent
measurement of the exciton binding energy in these crystals
was also performed by temperature-induced quenching of the
luminescence of free excitons. Assuming that quenching is
caused by ionization of the ground state of an exciton, the
binding energy in LiH was found to be 40� 3 meV [34, 49].
Note also that the binding energy of an exciton in LiH
calculated in Ref. [67] for the model of contact interaction is
Eb � 30 meV.

The small energy gap between the levels n � 1s and n � 2s
of exciton states points to the strong screening of the
Coulomb potential which binds the electron and the hole.
The strong screening of the Coulomb potential points directly
to the relatively large radius of the exciton state, and as a
consequence, to the slowness of relative motion of bound
carriers [23]. According to Ref. [21], the Coulomb potential
must include the total value of dielectric permittivity (see also
Ref. [14]). The relatively strong scattering of excitons by the
LO photons ought to have led to a considerable dropout of
the level with n � 1s from the Rydberg series (see also Ref.
[74]). In our case, however, this is not so, since the deviation of
the level of the n � 1s exciton state from the hydrogen-type
model does not exceed 0.1 Eb [75]. The line maximum of the
n � 3s state in this series ought to occur at 4.987 eV. The
power of the oscillator of this state is too low to be observed in
the reflection spectra (cf. Ref. [76]).

Knowing the value of the binding energy of the exciton,
we can find the energies of interband transitions:
Eg � E1s � Eb � 4:950� 0:042 � 4:952 eV (T � 2 ± 4.2 K).
For comparison, the value of this quantity according to
band calculations varies (direct transition X1 ±X4) from
Eg � 6:61 eV [67] to 5.24 eV [68], which points to a certain
disagreement between theory and experiment.

3. Band structure of LiH

It is impossible to comprehend the optical properties of solids
without a detailed knowledge of their electron energy
structure. The advent of fast and powerful computers in the
1960s stimulated a huge number of calculations of the band
structures of various substances, including ionic crystals.
Many different methods of calculation have been developed.
A critical analysis of the results of calculations for broad-gap
ionic crystals using the example of A1B7 was performed in
Ref. [77], together with a consistent comparison between
theoretical calculations and experimental data. This compar-
ison threw light on a number of conceptual problems which

50 100 T, K

4.980

Em
n�2s, eV

4.975

Figure 3. Temperature dependence of the energy of the peak maximum of

n � 2s state of exciton in reflection spectrum of LiH crystal.

5.00 4.90 E, eV

R

1

2

3

4

5

Figure 4.Reflection spectra of LiH crystal measured at: 1Ð2K; 2Ð71K;

3Ð 138 K; 4Ð 220 K; 5Ð 228 K.
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indicate that the calculation of the band structure of ionic
crystals is not just a `technical feat'. Moreover, some
recognized experts (see, for example, Ref. [78]) tend to
conclude that the very concept of band structure does not
apply to ionic crystals.

The spectrum of one-electron states of a crystal is
determined by the solution of SchroÈ dinger equation for the
`extra' particle (hole or electron) moving in the averaged field
created by all the remaining electrons and nuclei:�

ÿ �h2

2m
D� V�r�

�
cK�r� � En�K�cK�r� ; �3�

where the notation is conventional, and V�r� is the periodic
potential. The existing calculation techniques differ in the
method of constructing the electron potential V�r�, the
approximation of the wave function cK�r�, the ways of
ensuring self-consistency, and the reliance on empirical
parameters, etc. In particular, two factors are especially
important in the case of ionic crystals: (1) the inclusion of
the exchange interaction, and (2) the inclusion of the
polarization of the electron and ion subsystems of the crystal
by the extra particle [79].

The one-electron potential of anymany-electron system is
non-local because of the exchange interaction between the
electrons. It is very difficult to take this interaction into
account. Because of this, the exact potential in the band
theory is often replaced by a local potential of the form
Vexc�r� / a

�
r�r��1=3, where r�r� is the charge density func-

tion, and the constant a is selected in the range 1 (the Slater
potential) to 2/3 (the Cohn ± Sham potential) [80].

Two effects are associatedwith the local exchange. Firstly,
the results of the calculation depend strongly on the numer-
ical value of a, and secondly, this approximation always
underestimates the values of Eg and Ev (the width of the
valence band). It is the low values of Ev obtained by many
authors in the approximation of local exchange that are
responsible for the wrong conclusion concerning the inapplic-
ability of band theory to ionic dielectrics. These problems
reflect the fundamental drawback of the one-electron approx-
imation which does not take into account the reciprocal effect
of the selected electron (hole) on the rest of the system. This
effect consists in the polarization of the crystal by the particle,
and is generally made up of two parts: the electron polariza-
tion (inertialess), and the lattice polarization (inertial). In
common optical phenomena, related to absorption or scatter-
ing of photons, the lattice polarization is not important,
because the frequency of optical transitions is much higher
than the average frequencies of phonons. The electron
polarization is different. The extra particle (electron or hole)
is regarded by this theory as the slowest particle in the system
Ð in other words, all the remaining electrons follow it
adiabatically. Hence it follows that the inertialess polariza-
tion must definitely be included in the calculation of the
energy spectrum.An important feature of ionic crystals is that
the polarization energy Ep is of the same order of magnitude
as the bandwidth. Such a correction obviously cannot be
regarded as small. In the extreme case of a particle at rest, the
polarization energy can be calculated by methods of classical
electrostatics (the Mott ±Littleton method [79]), or by the
newer and more accurate technique proposed by Fowler [81].
The value of Ep for AHC found by this method is 2 ± 3 eV for
each of the quasi-particles (Ep > 0 for electrons, and Ep < 0
for holes). This implies that the inclusion of the electron

polarization will reduce the magnitude of Eg by 4 ± 5 eV [77].
By assumption, the electron bands are displaced rigidly,
without changing the dispersion law E�K�.

The simple electron structure of lithium hydride (com-
bined with the negligibly small spin-orbit interaction) is very
helpful for calculating the band structure: all electron shells
can easily be taken into account in the construction of the
electron potential.

The first calculations of band structure of lithium hydride
were carried out as early as in 1936 by Ewing and Seitz [82]
using the Wigner ± Seitz cell method. This method consists
essentially in the following. The straight lattice is divided into
polyhedra in such a way that the latter fill the entire space;
inside each polyhedron is an atom forming the basis of the
lattice (Wigner ± Seitz cells). The potential inside each cell is
assumed to be spherically symmetrical and coincide with the
potential of a free ion. This approximationworks well for ions
with closed shells. The radial SchroÈ dinger equation in the
coordinate function Rl�r� is solved within each selected cell,
the energy being regarded as a parameter. Then the Bloch
function is constructed in the form of the expansion

cK�r� �
X1
l�0

Xl
m�ÿl

Clm�K�Ylm�Y;j�Rl �r;E� ; �4�

where r,Y,j are the spherical coordinates (with respect to the
center of the cell);Ylm are spherical functions. The coefficients
Clm�K� and the energy E�K� are found from conditions of
periodicity and continuity on the boundaries of the cell. If r1
and r2 are the coordinates of two points on the surface of
Wigner ± Seitz cell, linked by the translation vector Rl, then
the boundary conditions are [82]

CK�r2� � exp�ikRl�CK�r1� ; �5�
HnCK�r2� � exp�ÿikRl�HnCK�r1� ;

where Hn is the gradient normal to the surface of the cell. We
see that the method of cells only differs from the problem of
the free atom in the boundary conditions. Owing to the
complex shape of the cell, however, the construction of the
boundary conditions is a very complicated task, and this
method is rarely used nowadays.

The method of plane associated waves (PAW) was used
for calculating the band structure and the equation of state
for LiH was used in Ref. [83].

According to this method, the crystal potential is assumed
to be spherically symmetrical within a sphere of radius rS
described around each atom, and constant between the
spheres (the so-called cellular muffin-tin potential). Inside
each sphere, as in the Wigner ± Seitz method, the solutions of
SchroÈ dinger equation have the form of spherical harmonics;
outside the spheres they become plane waves. Accordingly,
the basis functions have the form

CK�r� � exp�ikr�Y�rÿ rs�
�
X

almYlm�Y;j�Rl �E; r�Y�rs ÿ r� ; �6�
where Y�x� � 1 at x5 0, and Y�x� � 0 at x < 0. The
coefficients alm can easily be found from condition of sewing
on the boundary of the sphere. This is an important
advantage of the PAWmethod over the method of cells. The
calculations of Ref. [83] are self-consistent, and the local
potential is used in the Cohn ± Sham form. The correlation
corrections were neglected.
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The method of Corringi ±Cohn ±Rostocker (the CCR
method), or the method of Green's functions, was used for
calculating the band structure of LiH in Ref. [84] (only
concerned with the valence band) and Ref. [85]. Calculation
of the band structure of LiH in Ref. [86] was based on the
wave function used in the method of orthogonalized plane
waves of the form

CK�r� � exp�ikr� ÿ
X
hexp�ikr�jXciXc�r� ;

where Xc are the atomic functions of state of the skeleton;
hexp�ikr�jXci is the integral of the overlapping of the plane
wave with a skeleton function (see also Ref. [68]). Themethod
of linear combination of local basis functions was applied to
the calculation of the band structure of LiH in Ref. [67]. This
method is based on constructing local orbitals for the
occupied atom states, based on certain invariant properties
of the Fock operator. Themain feature of local orbitals is that
they are much less extensive than the atom orbitals.
Importantly, the correlation correction is taken into account
in Ref. [67]. Owing to the high polarizability of hydrogen
molecules, the correlation effect in lithium hydride is
exceptionally strong. Yet another calculation of the band
structure of LiH was carried out in Ref. [84] using the so-
called method of extended elementary cells [87]. This
approach is based on the semi-empirical techniques of the
theory of molecules, and is largely similar to the cluster
calculations. Let us add that the cluster is selected in such a
way that the quasi-molecular wave function transforms in
accordance with the group symmetry of certain wave vectors
in the Brillouin zone. This methods only yields energy values
at the points of high symmetry. We ought also to mention
Ref. [88] where, in connection with the study of high pressure
effects on the transition NaCl ±CsCl in lithium hydride, the
band structure and the equation of state of the latter are
analyzed in detail.

The calculated band structures of LiH are compared in
Fig. 5. We see that the overall picture given by various
methods is generally the same, despite the vast spread of the
transition energy values (see Table 2). Looking at the

structure of the valence band we see that it is very similar to
the S-band in the method of strong bonds (see also Ref. [77]).
This is surprising, given the strong overlap of the anion S-
functions in lithium hydride. The wave functions in this band
are almost entirely composed of the 1s-states of the hydrogen
ion. Different authors place the ceiling of the band either at
point X or at point W of the Brillouin zone. Although in all
cases the energies of the states X1 and W1 differ little
(4 0:3 eV), the question of the actual location of the top of
the valence band may be important for the dynamics of the
hole. Different calculations also disagree on the width of the
valence band. For example, the width of the valence band in
LiH without correlation, according to Ref. [67], is
Ev � 14.5 eV, and the value of Ev is reduced to one half of
this when the correlation is taken into account. This shows
how much the polarization of the crystal by the hole affects
the width of the valence band Ev. According to Ref. [83], the
width of the valence band in LiH is 5.6 eV. The density of
electron states in the valence band of LiH was measured in
Refs [89, 90]. In Ref. [89] the measurements were carried out
with a magnetic spectrometer having a resolution of 1.5 eV,
whereas the resolution of hemispherical analyzer used in Ref.
[90] was 1.1 eV. From experimental data, the width of the
valence band is 6 eV according to Ref. [89], and 6.3 eV
according to Ref. [90]. Observe the good agreement with the
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Figure 5. Band structure of LiH crystal as calculated in Ref. [67] (a); Ref. [83] (b); Ref. [68] (c).

Table 2.Calculated energy values of some direct optical transitions in LiH
reduced to the experimental value of Eg � 5.0 eV.

Transition
Source

[67] [83] [86, 68] [85]

K1 ëK3

W1 ëW3

L1 ë L02
W1ëW 0

2

X1 ëX 05
K1ëK4

L1 ëL03
¤1 ë¤15

6.9
8.0
9.2

12.6
12.9
14.7
19.7
24.5

7.5
7.9
9.6

14.9
13.8
16.1
20.9
25.3

6.5
7.3
9.0

12.2
13.6
15.0
20.7
33.3

6.4
7.4
9.1
ì
ì
ì
ì
ì
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calculated value of Ev in this theory. Let us also add that the
measured distribution of the electron density of states in the
valence band of LiH exhibits an asymmetry typical of S-bands
(for more details see Refs [89, 90]).

The lower part of the conduction band is formed wholly
by p-states and displays an absolute minimum at point X
which corresponds to the singlet symmetry state X4. The
inversion of order of s- and p-states in the spirit of the LCAO
method may be understood as the result of the s-nature of
valence band [84]. The mixing of s-states of the two bands
leads to their hybridization and spreading, which changes the
sequence of levels. If we compare the structure of the
conduction band with the p-band of the method of strong
bonds [91], we see that the general structure and sequence of
levels are the same except for someminor details (the location
of the L3 level, and the behavior of E�K� in the neighborhood
ofG15). In other words, the lower part of the conduction band
in lithium hydride is very close to the valence p-band of AHC.
The direct optical gap in LiH, according to all calculations, is
located at the X point and corresponds to the allowed
transition X1 ±X4. The indirect transition X1 ±X4 ought to
have a similar energy. According to the above calculations,
the energies of these transitions differ by 0.03 ± 0.3 eV. The
different values of Eg for LiH obtained by different authors
are apparently due to the various methods used for taking
into account the exchange and correlation corrections (see
above). As follows from Table 2, the transitions at critical
points in the low-energy region form two groups at 7 ± 9 and
13 ± 15 eV.Measurements of reflection spectra in the 4 ± 25 eV
range at 5K [50] and 4 ± 40 eV at 300K [42] throw new light on
the results of calculations. The singularities occurring at 7.9
and 12.7 eV in the reflection spectra are associated in the
above papers with the interband transitions W1 ±W4 and
X1 ±X5 respectively.

From the standpoint of the dynamics of quasi-particles,
an important consequence of this band structure is the high
anisotropy of the tensor of effective mass of electrons and
(especially) holes. The estimated mass of an electron in the
neighborhood of X4, according to Ref. [67], is
�me�x � 0:3m0 in the direction X±G, and �me�y �
�me�z � 0:8m0 in the direction X±W. Similarly, the mass
of a hole in the neighborhood of X1 is X ±G in the direction
�me�x � 0:55m0, and about the same in the neighborhood of
W1. It is assumed that the transverse components of mh are
greater by several orders of magnitude [84]. Also note that,
according to Ref. [68], the estimated masses of the carriers
are: mel � 0:121; met � 0:938; mhl � 0:150; mht � 4:304me,
where the subscripts l and t denote, respectively, the long-
itudinal (in the direction G ±X) and the transverse (in the
direction X±W) components. This high anisotropy of
masses of electrons and holes ought to have resulted in the
high anisotropy of the reduced (1=m � 1=me � 1=mh) and
translation (M � me �mh) masses of the exciton. This,
however, is not the case. Moreover, the study of Ref. [69]
reveals that with a good degree of confidence one may
assume that in the energy range E4 40 the exciton band is
isotropic and exhibits parabolic dispersion. As will be
shown below, studies of exciton ± phonon luminescence of
free excitons and RRLS in LiH crystals [56, 57] reveal that
the kinetic energy of excitons in these crystals is greater than
Eb by an order of magnitude exactly because of the very
small masses of exciton and hole.

Let us now dwell a while on the problem of the dielectric ±
metal transition in LiH under external pressure. As the lattice

constant decreases, the forbidden gap in dielectrics narrows
and eventually vanishes Ð the transition from dielectric to
metal takes place. For typical dielectrics, the critical pressure
exceeds several Mbar. The interest in the `metallization' of
lithium hydride is primarily due to the fact that its properties
in the metallic phase may to a certain extent simulate the
properties of metallic hydrogen. Indeed, owing to the pre-
sence of the broad hydrogen s-band and the strong expulsion
of the s-band of Li in LiH, the Fermi level in the metallic
phase ought to fall into the band created primarily by the
electrons of hydrogen. Because of the high frequencies of
optical oscillations, one could expect that metallic lithium
hydride ought to go over into a superconducting state at a
high enough temperature [1]. The usefulness of hydrides of
alkaline metals at superhigh pressures as systems simulating
metallic hydrogen is discussed in detail in the review [93].

Intuitively, the idea of metallization of lithium hydride at
relatively low pressures seems quite plausible. As a matter of
fact, the outer electron of Hÿ is rather strongly delocalized
even at normal pressure. Since the overlap of wave functions
increases exponentially as the lattice constant decreases, one
may expect that a moderate amount of compression will
result in complete delocalization of this electron.

The pressure of the dielectric-metal transition in LiH was
calculated in Refs [83, 85, 88, 94 ± 96]. Such a calculation is
usually carried out in two steps: first, the width of the
forbidden gap (or the entire band structure) is calculated as
a function of the lattice parameter, and then in some way or
other the equation of state which links the lattice constant and
the pressure is expressed. Strictly speaking, these two
problems ought to be solved concurrently; so far, however,
this has been only done in Refs. [82, 88], and then only for the
electron contribution to the pressure.

The early calculations [94, 95] gave discouragingly high
values of the critical pressure, from 23 to 25 Mbar, and
accordingly, very small values of a in the metallic phase,
from 1.3 to 2.2 A. Later, however, these results were found to
be wrong because of a number of unreasonable assumptions.
In Ref. [94], for example, it was assumed that the gap in LiH is
indirect and corresponds to the W1ÐL2 interval (see Fig. 5).
Then, the overlap of electron distributions in LiH was
neglected, although the calculated value of the lattice
constant (1.3 A) implies that the distance between lithium
ions is much less than the sum of their ionic radii. A more
detailed criticism of these studies can be found in Refs [83, 85,
88, 96].

Of much greater interest are the results obtained there-
after. In Ref. [93] it was demonstrated that at a�2:9A, which
corresponds to a pressure of 2 Mbar, the gap X1 ±X4 closes.
The bands, however, just come into contact with each other
without overlapping, the latter being forbidden at point X
from considerations of symmetry. Accordingly, the Fermi
surface is a point, and the system corresponds to a semimetal.
As the lattice constant decreases further, the structure of the
bands changes dramatically; in particular, the minimum of
the valence band goes over from point G to point L. At
a � 1:96A the bands overlap, and the system becomes a
metal. The critical pressure turns out to be 30 Mbar.

The results of Ref. [85] are similar to those obtained in
Ref. [83]; attention is drawn, however, to the following
interesting circumstance. If one calculates the band spectrum
under certain assumptions concerning the hypothetical
structure of the CsCl-type structure, the gap (indirect) of
lithium hydride in CsCl structure turns out to be close to zero.
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The critical pressure for this structure is estimated at 0.5 to 1
Mbar. In other words, the structural phase transition NaCl ±
CsCl occurs before the gap in the NaCl structure is closed,
and is accompanied by metallization of the crystal. This very
interesting conclusion was further developed in Ref. [88]. In
this study, a method similar to that employed in Ref. [83] was
used for expressing the equation of state for lithium hydride in
a shock wave. According to Ref. [88], the bands also overlap
at point Xwith a subsequent lowering of point X1 (the bottom
of p-type conduction band) with respect to point X4 (the top
of the s-valence band) The overlap starts at P � 2.26 Mbar,
which is 13% higher than reported in Ref. [83]. The relatively
low pressure of the dielectric ±metal transition in LiH (� 0.5
Mbar) is also predicted inRef. [96], whereas according toRef.
[97] the critical pressure is not less than 4 Mbar (see also Ref.
[98]). The calculation of Ref. [88] indicates that the structural
phase transition B1 ±B2 (NaCl ±CsCl) ought to occur at the
pressure 1.3 ± 1.4 Mbar and temperature 200 K. A recent
study [98] was concerned with the behavior of Eg and the
refractive index of CsH crystal (Eg � 4.4 eV atP � 0Mbar) as
functions of the external pressure. No structural phase
transition in CsH crystal could be observed over the broad
range from 0 to 2.51 Mbar. According to the estimates made
in this paper, the conduction and valence bands may start to
overlap at about 10Mbar.We see that studies of these aspects
of lithium hydride are quite far from conclusion.

4. Exciton ± phonon interaction

4.1 Polarization interaction of free excitons with phonons
The foundations of the theory of the exciton ± phonon
interaction were laid in the 1950s. Apart from the pioneering
study [99], the interaction of excitons with the LO phonons
was considered by many authors (see Refs [14, 21, 100 ± 102]).
In ionic crystals there are twomainmechanisms of interaction
of excitons with lattice vibrations. One mechanism Ð the
short-range deformation interaction Ð is caused by the
modulation of the wave function of the exciton by long-
itudinal acoustic vibrations. The magnitude of this interac-
tion is characterized by the deformation potential (see below).
The deformation interaction strongly affects the energy
spectrum and the dynamics of excitons of relatively small
radius (for example, the ground state of excitons in AHC and
crystals of inert gases [14]). As the radius of an exciton
increases, this interaction becomes less important, since the
wave vector of actual phonons is q / rÿ1ex [103] (where rex is the
exciton radius), and the number of such phonons is propor-
tional to q3.

The second mechanism Ð the polarization or Frohlich
[104] interaction Ð is caused by the Coulomb interaction of
the charge carriers forming the exciton with the macroscopic
field created by the LO oscillations (see, for example, Ref.
[101]). If the exciton radius is much greater than the lattice
constant, then the exciton ± phonon interaction may be
regarded as the sum of independent interactions of the
electron and hole with phonons (see Ref. [105]). The operator
of interaction of charge of mass m (me or mh) with long-
itudinal oscillations neglecting the dispersion of the latter is
[104]:

Hel �
X
q

Wq exp�iqr��b�ÿq � bq� ; �7�

where

Wq � ÿ �hoLO

jqj
�
4pq2e;h
V

�1=2
; �8�

V is the volume of the system, r are the coordinates of the
particles. In these expressions we introduce the main para-
meters which determine the interaction of the electron (hole)
with optical vibrations: the polaron `radius'

r�e; h �
�

�h

2
me;hoLO

�1=2

�9�

and the dimensionless Frohlich constant of interaction

g2
e; h
� 1

a

�
1

e1
ÿ 1

e0

�
e2

�hoLOr
�
e;h

: �10�

The first of these quantities characterizes the size of the
region of polarization of the lattice by the extra charge, and
the second describes the strength of the electron ± phonon
interaction (see also Refs [14, 21]).

As follows from Eqn (7), the operator of interaction Wq

does not depend on the mass of the quasi-particle, and is
the same for electrons and holes. Accordingly, the Hamil-
tonian of interaction of Wannier ±Mott excitons with
optical phonons has the same form (7), the only difference
being that exp�iqr� is replaced with exp�iqre� ÿ exp�iqrh�,
where re; h are the coordinates of the electron (hole). In the
center-of-mass system, the operator of interaction becomes
[99]

HEXL �
X
q

Wq
�
exp�iqer� ÿ exp�iqhr�

��b�ÿq � bq� : �11�

Replacing me; h by the reduced mass m by analogy with
Eqn (7), we can define the characteristic size of the
polarization region rex �

��r�e�2 � �r�h�2�1=2 and the interac-
tion constant g2ex. Making use of the characteristics of the
Wannier ±Mott exciton (rex, Eb), one can express the latter
as

g2ex �
�

Eb

�hoLO

�1=2 e0
e1
ÿ 1 � r�ex

rex

�
e0
e1
ÿ 1

�
; �12�

where rex � a0�em0=m�, and a0 � h2=m0e
2 � 0:53A is the

Bohr radius of a hydrogen atom.
The scattering of excitons by the LO phonons is

determined by the magnitude and the wave-vector depen-
dence of the matrix element

H l1l2
EXL � hcl1 jHEXLjcl2i ; �13�

where cl1 and cl2 are the wave functions of the initial and
final states of the exciton with the wave vectors k1 and
k2 � k1 � q. The properties of the matrix element of exciton
± phonon scattering, as first noted in Ref. [106], depend
crucially on the parities of the initial l1 and final l2 states. If
the parity is the same (scattering occurs within one and the
same band, like 1s ± 1s or 2s ± 2s, etc., or in case of interband
scattering 1s ± 2s, 1s ± 3s, etc.), this mechanism of exciton ±
phonon scattering is forbidden, because Hl1l2

EXL ! 0 at q! 0.
When excitons are scattered in a band of the ground state
(1s ± 1s), as shown in Ref. [99], the matrix element has the
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form

Hl1l2
EXL /

�
gexoLO

rex
jqj
���

1�
�
qerex
2

�2�ÿ2
ÿ
�
1�

�
qhrex
2

�2�ÿ2�
: �14�

When q is small (and it is the small values that are of
special importance; see below), the matrix element is propor-
tional to

Hl1l2
EXL /

�
mh ÿme

mh �me

�
qrex : �15�

As follows from Eqn (15), the Frohlich mechanism of
intraband scattering is absolutely forbidden when the
effective masses are equal. This is because the centers of
distribution of masses and charges coincide at me � mh, and
so the polarization interactions of electrons and holes cancel
out completely.

In the general case, the matrix element (14) arrives at
maximum near qrex � 1, and then falls off rapidly (Fig. 6). A
similar behavior is displayed by the matrix elements of the
scattering process between the states of the same symmetry
(is ± js, ip ± jp, etc.). In such cases, the matrix element attains
its maximum at the value of inverse radius (rn) of the
corresponding exciton state, that is,

qmax � 1

nr
; rn � nr1 : �16�

According to Ref. [106], when scattering occurs between
bands of different symmetry (is ± kp), the matrix element at
q ± 0 tends to a constant (nonzero) value, and such a process is
therefore allowed. As in our first case, however, the matrix
element Hl1l2

EXL falls off rapidly as q > rÿ1ex increases. The
dependence of matrix elements on q for some cases of
allowed and forbidden scattering for CdS is discussed in
Ref. [102].

The behavior of matrix elements (14) is definitive for the
structure and properties of luminescence spectra of free
excitons and Raman scattering in the resonance region. The
existing theory of exciton ± phonon interaction describes the
case of an isotropic band with a parabolic dispersion of
exciton states. Its successful application to LiH (with the
high anisotropy of the valence band, see Fig. 5) once again
testifies to the fact that the dispersion of the exciton band is
indeed parabolic [69] in the range of low exciton kinetic
energies. Let us also add that, according to Ref. [102], the

exciton band exhibits a parabolic dispersion even for such an
anisotropic crystal as CdS, which is supported by the
successful application of the theory of exciton ± phonon
interaction to the analysis of spectra of luminescence and
RRLS of free excitons in CdS crystals.

4.2 Effects of temperature and pressure on exciton states
Even after the first works on the spectroscopy of large-radius
excitons (see Ref. [16]) it became clear that the location of the
edge of fundamental absorption (and hence the exciton
structure) in a solid depends on the temperature. Further
studies also revealed (see also Refs [14, 19]) that the
temperature dependence of the absorption edge may be
caused by two factors: by expansion of the lattice, and by
lattice vibrations. Vibrations of the lattice will cause not only
displacement but also broadening of the energy levels of
electron excitations. As was first shown in Ref. [108], the
change in the energy of band-to-band transitions DEg in most
substances is caused primarily by the displacement of the
energy levels rather than by their broadening as had been
assumed before.

InRef. [108] it was demonstrated that in themechanism of
the deformation potential of the electron ± phonon interac-
tion the quantity DEg is directly proportional not only to the
square of the deformation potentials of the valence band and
the conduction band, but also to the sum of qmax and q2max,
where qmax is the maximum value of the wave vector of the
phonon. If the displacement of electron bands (or exciton
levels) associatedwith the Frohlichmechanism of the electron
± phonon interaction is taken into account, the matrix
element is inversely proportional to the wave vector of
phonons (see Refs [8, 13]). There is an important distinction
between displacement and broadening of energy levels. The
point is that in the case of displacement the theory considers
virtual transitions, whereas in the case of broadening the
transitions are real. Real transitions require conservation of
quasi-momentum and energy, whereas only quasi-momen-
tummust be conserved in the case of virtual transitions. In the
mechanism of the deformation potential this circumstance is
especially important for acoustic vibrations, being associated
with the directly proportional dependence of the matrix
element of the electron transition in the magnitude of the
wave vector of the phonon. And since virtual transitions may
involve phonons with not necessarily small values of q, it
becomes clear why in the mechanism of the deformation
potential of the electron ± phonon interaction the displace-
ment of energy levels much exceeds their broadening (for
more details see Ref. [109]).

The contemporary microscopic treatment of this problem
(see, for example, Ref. [110]) singles out four contributions to
the temperature dependence of Eg (see also Ref. [58]):

(1) the Debye ±Waller factor in the Fourier expansion of
the periodical part of the crystal potential;

(2) the term related to intraband transitions, now com-
monly referred to as the Fan term [111];

(3) the contribution from band-to-band transitions, which
is currently hard to evaluate;

(4) the contribution from thermal expansion of the crystal
lattice.

As a rule, the majority of experimental studies concerned
with this problem (see, for example, Ref. [111] and references
therein) consider two contributions: the contribution from
the electron ± phonon interaction, expressed as either the
Debye ±Waller or the Fan term, and the contribution from

0 1 2 3 4 5 qrex

h1sjHELj1si

Figure 6.Dependence of thematrix element of intraband scattering on qrex
for the mass ratio mh=mc � 3:5 [107].
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thermal expansion of the lattice. A consistent study of the
effects of temperature on the energy of band-to-band
transitions for a large number of semiconductor compounds
[112 ± 114] indicates that theory can be brought into good
agreement with experiment when at least the first three factors
are taken into account. Incidentally, it ought to be noted that,
apart from the microscopic approach to the temperature
dependence Eg�T�, attempts to explain the empirical formula
of this dependence have continued for over three decades.
First of all we should mention the well-known Varshni
formula [115], widely used in experimental works, and the
currently no less popular Manoogian ±Leclea relation (see
Refs [116, 117] and references therein).

The similar long-wave structure of spectra of mirror
reflection of pure (LiH, LiD) and isotopically mixed crystals
(see below; Fig. 8) allow its attribution to the excitation of the
first and second exciton states [24]. As the temperature
increases, the exciton reflection spectra of pure (see Fig. 4)
and mixed crystals shift towards the longer waves as a whole.
The exciton structure of reflection spectra broadens. In the
temperature range from 2 to 200 K the line of the exciton
ground state broadens approximately five-fold. At T5 130 ±
140 K the peak caused by the exciton excitation in the state
n � 2s becomes indiscernible in the spectrum (Fig. 4). The
reflection spectra of LiHxD1ÿx crystals, including LiD,
behave in a similar way. Figure 7 shows the temperature
dependence of the energy of the long-wave maximum in the
reflection spectrum for three crystals. For all three crystals,
the dependence En�1s � f�T� in the temperature range
T5 140 K is well approximated by a linear function. The
resulting temperature coefficients of linear shift are given in
Table 3. We see that the temperature coefficient dE= dT is
larger for the heavier isotope. Assuming that the temperature

shift is caused by the interaction of excitons with optical
vibrations, we have

dE1

dT
� 4

3

dE2

dT
� E1�0� ÿ E2�0�

hTi ; �17�

where dE1= dT � dEn�1s�LiD�= dT; dE2= dT � dEn�1s�
�LiH�= dT;T � �hoLO�LiD�=k andE1�0�,E2�0� are the values
of the maximum of the exciton band of LiD and LiH
respectively at T � 0 K. Substituting the values of the
quantities involved (�hoLO � 104 meV [118]) we find that the
magnitude of dEn�1s= dT for LiD is 0.34 meV Kÿ1. Compar-
ing this with the experimental value (0.28 meV Kÿ1) we see
that there is a rather large discrepancy, which will be
discussed a little later.

In accordance with the arguments developed above, the
temperature dependence of En�1s ( as well as that of Eg) is
shaped by two contributions: the lattice expansion, and the
exciton ± (electron) ± phonon interaction which is a sum of
three terms. The first of the above can be found by evaluating
the baric shift of En�1s. It is well known that the effects of
pressure on the spectra of fundamental absorption is
generally associated with changes in the width of the
forbidden band, in the probabilities of transitions, and in
the effective masses of carriers (see, for example, Ref. [119]).
For non-degenerate states, it is usually only the change in Eg

that is of practical importance. Then one may expect that the
exciton series shifts as a whole, without any significant
changes in the binding energy and the intensities of individual
lines (see also Ref. [16]). When the pressure P is relatively
small (when the pressure-induced change in the energy of a
given state is much less than the distance to the adjacent
levels), the band shift may be assumed to be a linear function
of the pressure. In this approximation the pressure depen-
dence of Eg (and hence En�1s) may be expressed as

Eg�P� � Eg�0� ÿ �Ec
1 ÿ Ev

1� kTP ; �18�

where

kT � ÿ 1

V

�
qV
qP

�
T

; E1 � V
qE
qV

: �19�

In Eqns (18), (19) kT is the isothermal compressibility and
the hydrostatic deformation potential (Ed); the superscripts c
and v stand for the conduction band and the valence band.
The deformation potential Ed in LiH we estimate from the
results of Ref. [97]. This study was concerned with measuring
the energy of the maximum of long-wave peak of mirror
reflection of LiH crystal as a function of external hydrostatic
pressure (P4 330 kbar). The absence of exciton structure
(except for the n � 1s state) in the reflection spectrum (see
also Fig. 4) at room temperature leads to the assumption that
the binding energy of the exciton does not depend on the
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Figure 7. Calculated temperature drift of the location of maximum of the

1s exciton state in the reflection spectrum of crystals: 1 Ð LiH; 2 Ð

LiH0.25D0.75; 3ÐLiD. Experimental values shown by points.

Table 3. Values of parameters calculated by formula (20), and values of
temperature coefficients of line shift.

Crystals Em�0�, meV A, meV �hoeff, meV dEn�1s= dT,
meV Kÿ1

LiH
LiH0.25D0.75

LiD

4961
5018
5016

12� 1

15� 1

17� 1

11� 1

12� 1

13� 1

0.19� 0.01
0.22� 0.01
0.28� 0.01
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pressure, and therefore the function En�1s � f�P� uniquely
defines Eg � f�P�, and vice versa. In Ref. [97] it was shown
that in the pressure range 404P4 330 kbar this shift is
linear with the baric coefficient{ qE=qP � ÿ1:1 meV kbarÿ1.
According to Ref. [121], kT � 3� 10ÿ6 barÿ1. Then
Ed � 0.36 eV for LiH. Apart from this low value of Ed, one
should also note the non-monotonic dependence
En�1s � f�P�: at P4 40 kbar, according to the calculations
of band structure in Refs [83, 85], the quantity En�1s (and
henceEg) increases, and afterP5 40 kbar, decreases linearly.
This behavior of the exciton (n � 1s) maximum in the
reflection spectrum may be attributed to two factors:

(1) Removal of the ban with respect to K on the electron
transition W1 ±X4, which is estimated theoretically to lie
0.03 eV below the direct X1 ±X4 transition in LiH (for more
details see Ref. [23]).

(2) Excitation, as the pressure increases, of the higher p-
states in the conduction band, as noted earlier in Refs [55, 88].

These two factors may also work simultaneously, which
on the other hand, may be responsible for the low value of Ed

characteristic of electron transitions occurring at points other
than G-point of the Brillouin zone (cf. Ref. [121]). Let us also
add that for most semiconductor compounds with the
structure of diamond (or zinc blende) the rate of change
(qEg=qP) of the quantity Eg at points G, X, and L, on the
average, is 12, ÿ1:5, and 5 meV kbarÿ1, respectively [122,
123], and thus differs not only in magnitude, but also in sign
(for more details see Ref. [119]).

The obtained value of Ed allows one to estimate the
contribution of the lattice expansion to the change in En�1s.
It constitutes 12% at low temperatures, and 20% at room
temperature of the entire shift for LiH crystals. We see that
the main change in En�1s�Eg� comes from the Debye ±Waller
term and the term which accounts for the internal energy (the
Fan term). As demonstrated in Refs [112 ± 114], the inclusion
of the latter two terms (which, incidentally, have opposite
signs) along with the lattice expansion brings the theory into
good agreement with the experimentally observed depen-
dence Eg � f�T�.

The microscopic calculation of the temperature shift ofEg

indicates [78] that this shift can only be related to those terms
in the expansion of the potential energy which are quadratic
with respect to displacement (see below, Refs [111 ± 114]). In
the one-oscillator Einstein model the dependence of Eg on T
may be represented as

E�T� � E�0� ÿ A coth

�
�hoeff

2kBT

�
; �20�

where E�0� is the value of Eg �En�1s� at T � 0, and �hoeff is the
effective frequency of the phonon in the model under
consideration.

The temperature dependence of the maximum location of
exciton peak in the reflection spectra of pure and mixed
crystals, calculated according to Eqn (20), is shown in Fig. 7
by a solid line. As follows from Fig. 7, there is good enough
agreement between the theoretical curves and experimental
data. The calculated energy of the actual phonons �hoeff, as

can be seen from Table 3, falls into the range of acoustic
vibrations. The latter seems to point to the domination of the
mechanism of the deformation potential of the electron ±
(exciton) ± phonon interaction. This is a reasonable conclu-
sion, if we recall that the energy of an LO phonon is 104 meV
for LiD, and 140 meV for LiH [118]. This apparently also
explains the discrepancy between the theoretical and experi-
mental values of the linear temperature coefficient dE= dT
(see above).

Linear extrapolation (harmonic approximation) of the
location of the maximum of the long-wave exciton peakEn�1s
toT � 0K yieldsE�0� � 4962meV for LiH and 5066meV for
LiD. These results agree well with the calculated values (see
the second column in Table 3). The difference between these
two extrapolations is 104 meV, which practically coincides
with the experimental value at T � 2 K; DEg � Eg�LiD�ÿ
Eg�LiH� � 103 meV [124]. Assuming that this value is wholly
determined by the interaction of electrons with zero oscilla-
tions of the lattice, we may evaluate it using the Fan
approximation [109]:

DEg�exp� � dEg

�
M1

M2
ÿ 1

�
; �21�

whereM1, andM2 are the masses of light and heavy isotopes,
dEg is the narrowing of the forbidden gap because of the
above interaction, DEg�exp� is the experimentally observed
narrowing of Eg equal to 103 meV. Obviously, in the case of
LiH andLiD themassesM1 andM2 must be replacedwith the
reduced masses of the elementary cell: mLiH � 7=8 and
mLiD � 14=9. Substituting these values into Eqn (21), we find
that dEg � 412 meV. Then the `actual' (the crystal lattice not
perturbed by zero oscillations) width of the forbidden gap in
LiH is Eg � 4992� 412 � 5404 meV, which is more than
300 meV (more than twice the energy �hoLO for LiH) greater
than Eg at 2 K for LiD (5095 meV, see Table 4). This
mismatch between experiment and theory (harmonic approx-
imation) is too large. Observe that for isotopic substitution in
ZnO [125], Ge [126] and diamond [127] a similar theoretical
evaluation of dEg by Eqn (21) is in good agreement with
experiment. At present the reason behind such a striking
disagreement in case of LiH is not quite clear. There are,
however, at least two features which fundamentally distin-
guish LiH from ZnO, Ge and C Ð namely, that isotopic
substitution greatly changes the scattering potential [28], and
zero oscillations give a substantial contribution to anharmon-
ism. Indeed, the energy of zero oscillations in the Debye
approximation for a two-atom crystal is [109]
E0 � �9=8 kBY�, where Y is the Debye temperature. Given
that Y � 1190� 80 K for LiH [130], we find that E0 � 115
meV, which is close to the energy of an LO phonon and much
greater than Eb Ð in other words, it is not at all small. To end
this section, let us add that the different temperature

{Observe also that, according toRef. [98] the baric coefficient takes on two

values: qE=qP � ÿ4:6� 2 keV kbarÿ1 in the range 04P4 300 kbar and

qE=qp � ÿ0:237� 0:001 meV kbarÿ1 in the range 3004P4 2510 kbar.

It should be noted that, by contrast to LiH, the value ofEg in CsH starts to

decrease immediately after the application of external pressure.

Table 4. Values of the energy of maxima in exciton reflection spectra of
pure and mixed crystals at 2 K, and energies of exciton bondEb and band-
to-band transitions Eg.

Energy,
meV

LiH LiH0.82D0.18 LiH0.40D0.60 LiD Li6H (78 K)

E1

E2

Eb

Eg

4950
4982
42

4992

4967
5001
45

5012

5003
5039
48

5051

5043
5082
52

5095

4939
4970
41

4980
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dependence of exciton peaks of n � 1s and 2s states leads to
the temperature dependence of the binding energies of
Wannier ±Mott excitons Ð this problem has not received
any adequate treatment. More specifically, the energy Eb in
LiH crystals [24] decreases with increasing temperature,
whereas Eb increases for excitons of the green and yellow
series in Cu2O crystals [131].

4.3 Isotopic effect on electron excitations
4.3.1 Renormalization of the energy of band-to-band transitions
in the case of isotopic substitution. Isotopic substitution only
affects the wave function of phonons; therefore, the energy
values of electron levels in the SchroÈ dinger equation ought to
have remained the same. This, however, is not so, since
isotopic substitution modifies not only the phonon spectrum,
but also the constant of electron ± phonon interaction (see
above). It is for this reason that the energy values of pure
electron transitions in molecules of hydride and deuteride are
found to be different [132]. This effect is even more prominent
when we are dealing with a solid. This conclusion was
confirmed on a qualitative level as early as the 1930s in Ref.
[34]. Comparison of absorption spectra for thin films of LiH
andLiD at room temperature revealed [34] that the long-wave
maximum (as we know now, the exciton peak) moves
64.5 meV towards the shorter wavelengths when H is
replaced with D. For obvious reasons this fundamental result
could not then receive a consistent and comprehensive
interpretation, which however does not belittle its importance
even today. As will be shown below, this effect becomes even
more pronounced at low temperatures.

The spectra of mirror reflection of mixed and pure LiD
crystals cleft in liquid helium are presented in Fig. 8. For
comparison, on the same diagram we have also plotted the
reflection spectrum of clean surface LiH crystals. All the
spectra were measured with the same apparatus under the
same conditions. As the concentration of deuterium
increases, the long-wave maximum broadens [133] and shifts
towards the shorter wavelengths. As can be seen clearly in
Fig. 8, all the spectra exhibit a similar long-wave structure.
This circumstance allows one to attribute this structure to the
excitation of the ground (1s) and the first excited (2s) exciton
states. The energy values of exciton maxima for pure and
mixed crystals at 2 K are presented in Table 4. The binding
energies of excitons Eb, calculated using the hydrogen-like
formula, and the energies of the interband transitions Eg are
also given in Table 4. The ionization energy, found from the
temperature quenching of the peak of the reflection spectrum
of the 2s state in LiD is 12 meV. This value agrees fairly well
with the value of DE2s calculated using the hydrogen-like
formula. Moreover, Eb � 52 meV for LiD agrees well with
the energy of activation for thermal quenching of the
luminescence of free excitons in these crystals [3].

Going back to Fig. 8, it is hard to miss the growth of D12s

[24, 133], which in the hydrogen-like model causes the
increase of the exciton Rydberg with the replacement of
isotopes (Fig. 9). When hydrogen is completely replaced
with deuterium, the exciton Rydberg (in the Wannier ±Mott
model) increases by 20% from 40 to 50 meV, whereas Eg

exhibits a 2% increase, and at 2 ± 4.2 K is DEg � 103 meV.
This quantity depends on the temperature, and at room
temperature is 73 meV [74], which agrees well enough with
DEg � 64.5 meV as found in Ref. [34]. The continuous change
of the exciton Rydberg had earlier also been observed in the
crystals of solid solutions A3B5 [135, 138] andA2B6 [139, 140].

Isotopic substitution of the light isotope (S 32) by the heavy
one (S 34) in CdS crystals [141] reduces the exciton Rydberg,
which was attributed to the tentative contribution from the
adjacent electron bands (see also [142]), which however, are
not present in LiH (for more details see Refs [67, 68]). The
single-mode nature of exciton reflection spectra of mixed
crystals LiHxD1ÿx agrees qualitatively with the results
obtained from the virtual crystal model (see, for example,
Refs. [28, 143]), being at the same time its extreme realization,
since the difference of ionization potentials (x) for this
compound is zero. According to the virtual crystal model,
x � 0 implies that DEg � 0, which is in contradiction with the
experimental results for LiHxD1ÿx crystals. The change in Eg
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Figure 8.Mirror reflection spectra of crystals: 1ÐLiH; 2ÐLiHxD1ÿx; 3
Ð LiD at 4.2 K; 4 Ð light source spectrum measured without crystal.

Spectral resolution of instrument is indicated on the diagram.
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Figure 9. Binding energy of Wannier ±Mott excitons as a function of the

reduced mass of ions. Based on values of the reduced mass of ions for

Li6H, Li7H, Li6D, Li7D, and LiT.

June, 1997 Isotopic and disorder effects in large exciton spectroscopy 565



caused by isotopic substitution has now been observed for
many broad-gap and narrow-gap semiconductor com-
pounds. For example, the change of Eg for Cu2O [144]
DEg � 18 ± 25 cmÿ1, for ZnO [126, 142] DEg � 12 ± 55 cmÿ1,
and DEg � 110 cmÿ1 for diamond [127]. For comparison, let
us recall once again that the change in DEg � 110 cmÿ1 for
LiH is 103 meV (� 831 cmÿ1). We see that the renormaliza-
tion ofEg in LiH because of the isotopic effect is greater by an
order of magnitude than that in diamond, although the width
of the forbidden gap in diamond (Eg � 5:48 eV,
�hoLO � 0:165 meV [147]) is larger than Eg in LiH. To end
this section, let us note that Eg decreases by 97 cm

ÿ1 when Li7

is replaced with Li6 (see Table 4).

4.3.2. Renormalization of the binding energy of Wannier ±
Mott excitons by the isotopic effect. It was in the very first
work [23] where the binding energy of an exciton Eb was
found to depend on the isotopic composition that this change
in Eb was attributed to the exciton ± phonon interaction (in
the first place, with the LO phonons). The preferential
interaction of excitons with the LO phonons in LiH (LiD)
crystals was later repeatedly demonstrated in the spectra of
luminescence [5] and the RRLS [71], which consist of a
phononless line (in the former case) and its LO repetitions
(see Section 4.4). The effects of the Frohlich mechanism of the
exciton ± phonon interaction on the energy spectrum of
Wannier ±Mott excitons has been considered over and over
again [21, 66, 72, 74, 99 ± 102, 105, 106, 148]. Today we know
that the main consequences of the interaction of electron and
hole in an exciton with polarization vibrations are the static
screening of the lattice charges (introducing e0) and the
change in the effective masses of particles. Both these effects
of electron ± (hole) ± phonon interaction can easily be taken
into account, and lead to the change in the exciton Rydberg
Eb. These corrections do not destroy the hydrogen-like
structure of the exciton spectrum. At the same time, the
non-Coulomb corrections to the electron ± hole Hamiltonian
modify the hydrogen-like structureÐ removing, for example,
the degeneracy of levels with respect to the orbital and
magnetic quantum numbers (see, for example, Ref. [74]).
The very fact, however, that the problem of renormalization
of the energy spectrum of the Wannier ±Mott exciton does
not admit an exact solution even in the limiting cases, often
gives rise to a situation when there is no agreement between
the results obtained by different authors. Starting with the
classical works of Haken [21], all papers may be divided into
two broad classes depending on how they account for the
Coulomb interaction: between `bare' electrons and holes, or
between electrons and holes in the polaron state. In other
words, first the interaction of band electrons and holes with
the LO optical phonons is taken into account, and then the
Coulomb interaction between electrons and holes clad in the
`polarization coats' is accounted for. As will be shown below,
the study of the exciton ± phonon interaction in crystals with
the isotopic effect not only brings entirely new information,
but also allows one to experimentally reconstruct the values
of the Frohlich and Coulomb interaction constants. From
Fig. 9 we see that when hydrogen is completely replaced with
deuterium, the binding energy of the exciton exhibits a 20%
increase from 42 to 52 meV [24]. It is easy to see that in the
model of a virtual crystal the binding energy of an exciton in
LiT crystals [155] must be 57 meV (see Fig. 9). Hence it
follows that in the linear approximation the isotopic
dependence of the binding energy of Wannier ±Mott exciton

may be expressed as

Eb � Eb�0��1� g� : �22�

where E�0� is the purely Coulomb binding energy of the
exciton (in frozen lattice), which in our case is 31.5 meV, and
the angular coefficient is b � 12.18 meV/M, where M is the
reduced mass of ions of lithium and hydrogen (deuterium,
tritium); g � bM=E

�0�
b . From the standard equation for the

Coulomb binding energy of an exciton

Eb�0� � e4m

�h2e21
�23�

we get the dimensionless constant of the Coulomb interac-
tion:

Z2 � Eb�0�
�hoLO

� 0:47 :

Comparing the value of Z2 � 0:47 and the constant of the
Frohlich exciton ± phonon interaction g2 � 0:33 [69] we see
that they are close enough. This implies that both the Frohlich
and the Coulomb interactions between electrons (holes) and
LO phonons in an exciton must be treated with equal
attention, as has already been emphasized in Ref. [105]. This
paper deals from the start with `bare' electrons and holes, and
all renormalizations are calculated in the two-particle config-
uration. Such an approach permits the avoidance of a
considerable difficulty which arises when polarons [151] are
used as start-up particles. This difficulty is primarily asso-
ciated with the fact that the momentum of each particle is
conservedwhen the particles are treated separately, whereas it
is the momentum of the center of mass that is conserved when
a pair moves as a whole. As demonstrated in Ref. [105], this
approach also makes it possible to calculate the higher-order
corrections to the exciton ± phonon interaction. It was also
shown that the use of the pole parts of the Green polaron
functions in place of complete expressions in Refs [150, 151]
leads to a situation where the corrections to the potential
energy of the order of Z2g2 and g4 are lost because the
corrections to the vertex parts and Green's functions cancel
out. The quantity lost is of the same order (g2) as the
correction to the residue but has the opposite sign (for more
details see Refs [150, 151]). The approach developed in Ref.
[105] allowed the calculation of the corrections of the order of
Z2g2 and g4; the latter is comprised of the correction to the
Frohlich vertex and the correction to the Green function in
the exciton ± phonon loop. It is important that the latter have
opposite signs and exactly cancel out in the limit Eb 5 �hoLO.
As a result, because of the potential nature of the start-up
Coulomb interaction, the correction to theCoulomb vertex of
the order Z2g2 does not vanish. As a result, the following
expression was obtained in Ref. [105] for the binding energy
Eb of the Wannier ±Mott exciton when Eb 5 �hoLO (the
spectrum of the exciton remains hydrogen-like):

Eb � �hoLO

�
Z2 ÿ g2 � Z2g2�c� v�

2

�2
; �24�

where c, v � �mc; v=m�1=2, and mc, mv are the masses of the
electron and hole. Now Eb explicitly depends on g2 (the
Frohlich constant of the exciton ± phonon interaction), and
hence depends on the isotopic composition of the lattice,
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whereas the standard expression for the binding energy
Eb � �hoLO�Z2 ÿ g2� � e4m=2e20h

2, which describes the exci-
ton spectrum of many semiconductors accurately enough,
exhibits no dependence on the isotopic effect. In the case of
Eqn (24) the exciton spectrum remains hydrogen-like. When
the higher-order corrections are taken into account, Eqn (24)
becomes

Eb � e4m

2e20�h
2

�
1� g2e0

c� v
e1
� g4

e0
e1

�
�
x1 � x2

1ÿ e1
e0

�
�c� v�2

�
: �25�

The order-of-magnitude evaluation of the coefficients x1, x2
gives x1 � 0:15 and x2 � 0:02; when g2�c� v�5 3:3, the
correction of the order Z2g4 is much less than the term of the
order Z2g2 [105]. So from Eqn (25) we see that the correction
to the purely Coulomb binding energy (23) is important. This
is primarily because the values of Z2 and g2 are close to each
other. Setting mv=mc � 3:5 and g2=Z2 � 1ÿ e0=e1, and
�e1=e0� � �oTO=oLO�2 � 1=3:5, in Ref. [24] it was found
that Eb�theor� � 48 and 42 meV for LiD and LiH respectively.
Comparing these results with the experimental values (see
Table 4) we observe a good agreement between theory and
experiment. Hence follows a natural conclusion that the
isotopic dependence of the binding energy of exciton is
primarily due to the Frohlich mechanism of interaction
between excitons and phonons.

In the preceding section it was mentioned that isotopic
substitution affects not only Eb, but also Eg. For the system
LiH ± LiD at low temperatures the difference is DEg � 103
meV. Apart from the zero oscillations considered in the
previous section (see also Ref. [125], this change is also
contributed to by the polaron shift which explicitly depends
on the temperature. Figure 10 shows the temperature
dependence of DE � En�1s�LiD� ÿ En�1s�LiH�, which is
generally similar to DEg � f�T�. From this diagram we see
that as the temperature rises from 2 to 300 K, the quantity DE
decreases from 93 to 73.5meV. The last figure agrees well with
the value of 65 meV obtained in Ref. [34].

In the light of the Frohlich mechanism of exciton ±
phonon interaction considered above, the magnitude of the
polaron shift may be estimated by the following expression:

DEpol � ÿEb�hoLO

�
e0
e1
ÿ 1

��
1� c2 � 1� 1

v2

�
:

This estimate gives about 20 meV [107], which is about
1=4DE; on the other hand, it agrees well enough with the

magnitude of the polaron shift as derived from the tempera-
ture dependence of the shift (see Fig. 10).

Although the isotopic change in Eg has been observed for
a large number of compounds (dielectrics and semiconduc-
tors), the number of studies of the isotopic effect on the
exciton binding energy is limited to four cases. As demon-
strated above, the replacement of a light isotope with a heavy
one in LiH crystals [23] leads to an increase in Eb; the binding
energy decreases in CdS crystals and remains the same in the
crystals of germanium [153] and diamond [127]. Quantitative
measurements of the isotopic effect on the levels of large-
radius excitons allow the experimental reconstruction of the
Frohlich and Coulomb constants.

4.4 Luminescence of free excitons in LiH crystals
Because of the low intensity of scattered light, and thanks to
the high resolution of modern spectroscopic instruments, the
development of highly sensitive techniques of detection of
weak optical signals (photon counting mode, optical multi-
channel analyzers, optical linear arrays, and other specialized
systems; see, for example, Ref. [154]), the luminescence
method has become one of the most common techniques for
studying excitons in dielectrics and semiconductors. While
the structure of spectra of fundamental reflection (absorp-
tion) depends on the internal degrees of freedom of the
Wannier ±Mott exciton, the structure and shape of the
luminescence spectrum are determined primarily by its
external degrees of freedom. The latter are associated with
the translation motion of a large-radius exciton as a whole,
with translation mass M � me �mh. [14]. The results on the
luminescence (RRLS) of LiHxD1ÿx crystals presented below
were obtained from the clean surface of crystals cleft directly
under liquid superfluid helium in the cell of an optical cryostat
[55]. The effects of surface habitus on the optical spectra
(including the luminescence spectra) of excitons in hygro-
scopic LiH andLiD crystals were briefly described inRefs [55,
155, 156].

The luminescence of LiH crystals was first observed in
1959 [38]. The broad-band luminescence in the red part of the
spectrum was attributed to defects related to the nonstoichio-
metric composition of the crystals (see also Refs [156, 157]).
Later the broad-band luminescence of pure and activated
(mostly with mercury-like ions with s2 outer electron config-
uration [41]) LiH crystals was studied in a large number of
works (see review [159] and references therein).

The first results on photoluminescence [160] of LiH
crystals near the edge of fundamental absorption, like the
first results on cathode-ray luminescence [161] were rather
qualitative. The results on cathode-ray luminescence spectra
of LiH crystals at 6 K are described in greater detail in Ref.
[162]; they are analyzed and compared with the photolumi-
nescence spectra in the review [159]. The LO repetitions were
discovered in the spectra of X-ray luminescence of LiH
crystals cleft in an inert gas environment [163]. The discovery
of the LO structure of luminescence spectra and luminescence
excitation spectra, and later that of RRLS [71] in LiH (LiD)
crystals, has opened the opportunity for spectroscopic studies
of processes of energy relaxation in the course of interaction
with phonons [4].

As demonstrated earlier, the lowest-energy electron
excitations in LiH crystals are the large-radius excitons.
Exciton luminescence is observed when LiH crystals are
excited in the midst of fundamental absorption [71, 75]. The
spectrum of exciton photoluminescence of crystals of lithium
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D � En�1s�LiD� ÿ En�1s�LiH�

Figure 10.Temperature dependence of polaron contribution to the change

in Eg for isotopic substitution in LiH crystal.
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hydride cleft in liquid helium consists of a narrow (in the best
crystals its halfwidth is DE4 10 meV [55, 57]) phononless
emission line and its broader phonon repetitions, which arise
due to radiative annihilation of excitons with the production
of one to five LO phonons (Fig. 11). The phononless emission
line coincides in an almost resonant way with the reflection
line of the ground state of an exciton [56]. The lines of phonon
repetitions form an equidistant series biased towards the
lower energies from the resonance emission line of excitons.
The energy difference between these lines, as before [163, 71,
4] is about 140 meV, which is close to the calculated energy of
an LO phonon in the middle of the Brillouin zone [164]
measured in Ref. [71]. The most important distinctions
between the spectrum of exciton luminescence shown in Fig.
11 and the same measured earlier in Ref. [163] are the
following: (a) the presence of a second series of the LO
repetitions counted from the level of n � 2s exciton state; (b)
comparable intensities of the phononless emission line and its
2LO repetition; (c) noticeable narrowing of the observed lines
(see also Ref. [156]). Here we also ought tomention an overall
increase in the intensity over the entire luminescence
spectrum. Evidently, the intensity of the phononless emission
line of free excitons (the proof of existence of quasi-
momentum is given below) increases because the rate of
emissionless recombination on the surface decreases. This
seems natural for the surface of a specimen cleft in liquid
helium because the surface states (as a rule, of extrinsic origin
[165, 166]) and their electric fields (recall that the value of the
exciton Rydberg is relatively low,Eb � 40meV) lead not only
to broadening of the luminescence lines, but also to quench-
ing of their intensity, and first of all, quenching of the
intensity of phononless line.

4.4.1 Proof of the existence of quasi-momentum of excitons in
LiH (LiD) crystals. It is well known that one of the main
properties of an exciton is its ability to move freely over the
crystal lattice [14, 16]. In the approximation of effective mass
[167], the exciton is regarded as a quasi-particle associated
with a certain value of the wave vector (quasi-momentum) k,
the changing of which characterizes the motion of exciton.
The proof of motion of an exciton, especially in semiconduc-
tor crystals, has been the subject of many papers (see, for
example, reviews [14, 16, 17, 66, 72, 100, 168, 169]). It was first
demonstrated in Ref. [168] that an exciton in a crystal may

possess a considerable amount of kinetic energy. When the
distribution of excitons is in equilibrium, the kinetic energy is
known to be determined by the temperature of the crystal
lattice. It is the studies of the line shapes and the temperature
dependence of their relative intensity in the spectra of exciton
± phonon luminescence that have supplied the most compre-
hensive information about the motion of excitons (and have
proved this motion to be free), which allowed the establish-
ment of the distribution law of excitons within the band [107].
Indeed, according to the law of conservation of quasi-
momentum, phononless emission is only possible for those
excitons whose wave vector is of the same order of magnitude
as the wave vector of the exciting photons (K � 0), andwhose
kinetic energy is practically zero. It is then that the phononless
emission line is narrow. The emission processes, however,
which are associated with the excitation of one or several
optical phonons, may involve excitons with arbitrary values
of kinetic energy and wave vector. In this case the excessive
wave vector of thermal motion of an exciton is passed on to
the phonons. Since the energy of optical phonons, as a rule,
does not depend on the wave vector, the emission spectra will
contain lines whose long-wave edges are displaced (see
Fig. 11) by the energy of an integer number of optical
phonons with respect to the energy of the ground state of
phonon Ð the bottom of the exciton band (see also Ref.
[169]). The shape of the emission lines, as indicated above,
reflects the distribution of excitons with respect to their
kinetic energy Ekin. Such an LO structure has actually been
observed in the spectra of intrinsic luminescence of a large
number of semiconductor crystals (see Refs [16, 14, 168, 170]
and references therein). The shape of the LO phonon
repetitions is described by the Maxwell distribution of
excitons with respect to kinetic energy:

dW

dEkin
�WE

1=2
kin exp

�
ÿEkin

kbT

�
; �26�

whereW is the probability of an exciton ± phonon interaction
which depends onK in the case of one-phonon scattering, and
does not depend on K in the case of two-phonon scattering
[168, 170]. Figure 12 shows the comparison of an experi-
mental first and second-order lines of exciton luminescence in
LiH crystals with the shape described by Eqn (26). In general,
the agreement between theory and experiment is reasonably
good. At the same time, we notice that the halfwidth of the
line is somewhat larger, and its shape on the long-wave side

5.00 4.60 E, eV

I

LiH

�40

4.2 K

Figure 11. Emission spectra of free excitons at 2 K in LiH crystals cleft in

liquid helium. Spectral resolution of instrument is indicated on the

diagram.
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Figure 12. Lineshapes of 1LO and 2LO repetitions in the exciton

luminescence spectrum of LiH crystal at 62 K, and the Maxwell

approximation of the distribution of excitons with respect to kinetic

energy (dashed line) at 200 K.
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differs from that described by Eqn (26). As will be shown
below (see also Refs [159, 171]), this deviation is mainly
determined by the magnitude of the longitudinal-transverse
splitting Ð that is, by the strength of the exciton ± phonon
interaction [14, 178]. Reasonable accuracy in the description
of the shape of the 1LO and 2LO repetitions may be achieved
by assuming that the temperature of the exciton gas is 200 K
[5]. This value is more than three times as high as the
temperature of the crystal in the cryostat, which suggests
that there is no thermodynamic equilibrium between the
excitons and the lattice. This is one of the reasons why the
emission lines of the LO repetitions in crystals cleft in liquid
helium exhibit broadening even at the lowest temperature.
This circumstance has already been noted in Ref. [55]. A
detailed study of the temperature evolution of emission
spectra of free excitons in LiD crystals [159] revealed a
pronounced short-wave shift of the lines of the 1LO and
2LO repetitions with increasing temperature, which is
obviously associated with the shift of the Maxwell distribu-
tion. This is a clear indication that excitons in these crystals do
have kinetic energy. This conclusion fits in well with the
results on the temperature dependence of the relative intensity
of the 1LO and 2LO repetitions. In the temperature range
where the distribution of excitons with respect to kinetic
energy is in equilibrium, this dependence is well described by
a linear function [103]. So we may conclude that the above
results and their consistent interpretation indicate clearly that
the observed emission is the emission of free excitons having a
considerable amount of kinetic energy. Accordingly, the
motion of excitons is coherent and complies with the law of
conservation of quasi-momentum k.

4.4.2 Band relaxation of free excitons. Detailed information
regarding the kinetic energy of free excitons can be extracted
from the luminescence excitation spectra of free excitons [16,
173]. This function directly reflects the process of relaxation
of excitons over the band. The important circumstance is that
while the kinetic energy of excitons in the case of exciton ±
phonon luminescence is usually of the order of kT, it can
considerably exceed the binding energy of the exciton in the
case of luminescence excitation spectra, as was first demon-
strated in Ref. [173]. As an example, let us consider the
exciton luminescence excitation spectrum (Fig. 13) in LiH
crystals cleft in liquid helium. The most striking difference
[156] between the results displayed in Fig. 13 and the
excitation spectra of crystals cleft in hot air [4] is the presence
of fine structure exactly in the exciton region. The observed
structure of the excitation spectrum is related primarily to the
manifestation of the n � 2s exciton state. In addition, the
long-wave wing (see arrow 1 in Fig. 13) features a kind of
`singularity' at the distance of 8 meV.

This singularity may be related to the intervalley splitting
[69], given the existence of three equivalent X valleys in the
band structure of these crystals [68] where direct and allowed
transitions take place [23]. As the kinetic energy of excitons
increases, the observed structure smears out (for more details
see Ref. [156]). This may be caused both by the reduced
probability of indirect transitions in the course of absorption
at large values of the wave vector [99, 174], and by the reduced
probability of generation of excitons from recombination of
electron ± hole pairs [175 ± 177]. The results presented in Fig.
13 lead to the conclusion that the excitons in these crystals (as
well as in LiD [4]) may have very large kinetic energies (up to
0.5 eV). This is more than ten times their binding energy. Such

a high value of the kinetic energy of excitons once again points
to their high temperature, which fits in well with the large
halfwidth of the phonon repetitions of exciton luminescence.
The high velocity of these hot excitons ensures large travel
paths within the crystal, thus facilitating their capture by the
defects (impurities) of the LiH lattice. This apparently also
explains the low quantum yield of luminescence of free
excitons in these crystals (Z � 3 ± 0.1% [5]). A similar
structure consisting of the LO replicas is also displayed by
the spectrum of excitation of emission lines of 1LO repetition
(Fig. 14) in LiH crystals. As in the previous case (see Fig. 13),
the highest intensity in the spectrum corresponds to the line
removed from the emission line by the energy of 2LO
phonons. The low intensity of the luminescence line of 1LO
phonons did not allow themeasurement of its spectrum over a
broad range of energies. It is clear, however, that the intensity
of the spectrum decreases and the lines broaden as the kinetic
energy of excitons increases. In this way, accurate measure-
ments of multiphonon luminescence spectra and excitation
spectra of clean surface crystals allow one not only to
demonstrate the existence of quasi-momentum of such
excitons, but also to trace the band relaxation of excitons.
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Figure 13. Excitation spectrum showing the emission line of the 2LO

repetition in LiH crystal at 4.2 K, and the original record in the region of

the ground and first excited exciton states.
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the 1LO repetition in LiH crystal at 4.2 K.
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5. Isotopic effect in emission spectrum
of polaritons

It is well known that when the photon ± exciton interaction is
taken into account, the intrinsic states of the crystal are
represented by polaritons (see, for example, Ref. [20]). The
energy range of polariton resonance is determined primarily
by the strength of the oscillator, and is characterized by two
quantities. The first of these is the energyET corresponding to
the bottomof the band of transversemechanical excitons [15].
The second is the energy EL corresponding to the bottom of
the band of longitudinal excitons which cannot be excited
directly by transverse electromagnetic waves [14]. This
approach allows us to say that there are two polariton
branches above the energy EL in the energy spectrum of
electron excitations: the lower polariton branch (LPB) and
the upper polariton branch (UPB). The expedience of the
polariton model for qualitative description of the experimen-
tally observed features of resonance exciton emission was first
demonstrated in Refs [178, 172]. Indeed, notwithstanding the
successful theoretical description [66, 72] of the shape of
emission lines in the LO repetitions and their relative
intensities, the experimentally measured [179 ± 183] half-
width of the phononless emission line of free excitons and
the relative intensity of phonon repetitions with respect to the
phononless line do not fit in with the theoretical results for the
model giving an equilibrium energy distribution of excitons.
A characteristic feature of the observed manifestation of
polariton effects in most non-metallic crystals is the doublet
shape of the resonance luminescence lines of free excitons at
low temperature [184, 185]. Today there is a huge body of
experimental material on the luminescence of free excitons
and its dependence on various factors, such as surface quality
[180], the presence of defects created, for example, by gamma-
radiation [192], scattering by neutral and charged impurities
[179], as well as reabsorption [180, 186] and the damping
constant [187 ± 191]. Moreover, while the theoretical inter-
pretation of experimental results in Ref. [191] only involved
kinetic effects on the energy distribution function, the
description in Ref. [181] took into account both the energy
and space distributions of polaritons. As a matter of fact, it is
when not only the energy distribution but also the space
distribution of polaritons is taken into account that a good
agreement is achieved between theory and experiment.
Thorough investigations of the shape of the phononless
emission line in mixed A2B6 crystals over a wide range of
temperatures brought the authors of Ref. [192] to the
conclusion that they were able to observe the polariton
effects experimentally in these crystals (see also Refs [20, 15,
209]).

Figure 15 shows the luminescence spectra of LiH and LiD
crystals, cleft and measured at 2 K. A more or less
pronounced short-wave singularity of the phononless line is
displayed by practically all crystals with clean surfaces [134].
The luminescence spectrum of LiD crystals shown in Fig. 15
(see also Ref. [4]) is largely similar to the spectrum of intrinsic
luminescence of LiH crystals (see Fig. 11). There are,
however, some distinctions: one is related to the unequal
intensities of the phononless line (or, more precisely, of its
long-wave component) and its 2LO repetition, whereas these
intensities in LiH are practically the same. Another distinc-
tion is the clearly visible doublet nature of the phononless
emission line of free excitons in LiD crystals even at a low
temperature. On top of that, the magnitude of the long-

itudinal-transverse splitting for LiD is greater than for LiH,
and constitutes 25� 2 meV. A pronounced doublet structure
of the phononless emission line with a magnitude of
DLT � 18� 2 meV for LiH crystal is observed at an elevated
temperature (Fig. 16). This value of DLT is somewhat larger
than the magnitude of splitting observed in Ref. [185] using
LiH crystal cleft in a jet of hot air. This behavior of DLT also
agrees with the results of Ref. [180], where the surface quality
was demonstrated to affect dramatically not only the
structure but also the intensity of polariton luminescence.
The measured value of DLT � 18 meV for LiH crystals fits in
well with the magnitude of splitting observed in the reflection
[57, 50] and RRLS [57] spectra of clean surface crystals.

The doublet structure of the phononless emission line
under consideration can be interpreted with the aid of the
dispersion curve of polaritons. It is known (see, for example,
Ref. [184]) that this curve represents a gradual transition from
the dispersion of photons in the crystal E � �hck to the
dispersion curve of excitons E � E0 � �h2k2=M, where k and
M are thewave vector and the translationmass of the exciton.
As was first shown in Ref. [193], it is this region, aptly referred
to as a `bottleneck', that is responsible for the processes of
light absorption and emission by the crystal (see also Ref.
[20]). According to this approach, the doublet structure of the
phononless emission line is caused by the radiative decay of
the states on the upper and lower polariton branches (the
approximate locations of UPB and LPB are indicated in
Figs 14 and 15 by arrows). As the temperature increases, the
maximum of the energy distribution of polaritons in the
crystal moves towards the higher energies, and the popula-
tion of the UPB increases. According to the above, and as
follows from Fig. 15, at T � 105 K the intensity of the short-
wave component of the phononless emission line increases
relative to the long-wave component. This result agrees well
with the numerous data reported in the literature [20, 184,
194]. For a mixed crystal (x � 0:55), the emission spectrum
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Figure 15.Luminescence spectra of LiD (a) andLiH (b) crystals cleft at 2K

and measured at 2 K. Insert: phononless emission line of free excitons at

78 K.
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also displays a similar doublet structure of the phononless
emission line with a somewhat larger halfwidth than that in
the original binary crystals (for more details see Ref. [171]).

Going back to the results displayed in Fig. 15 and looking
at the magnitude of DLT, we see that it increases from 18 meV
for LiH to 25 meV for LiD crystals. Since in the transition
from LiH to LiD it is only the energy of LO phonons that is
changed, onemay assume that themain cause of renormaliza-
tion of DLT is the change in the polariton ± phonon
interaction. With due account for the different values of Eb

(see Table 4) and for the dependence ofDLT on the strength of
the oscillator of the exciton transition [14], we may write
DLT � E2

b=Eg. Substituting the values of Eb and Eg for
LiH and LiD into this expression, we find that
D�1�LT=D

�2�
LT � 0:65 for LiH crystals. This is somewhat less than

the experimental value of DLT � 25 meV. This discrepancy
(we estimate it at about 25%) may be caused by the polariton
± phonon renormalization. Currently the mechanism of this
renormalization is not clear, since the branches of acoustic
phonons are practically unaffected by the isotopic substitu-
tion. On the other hand, since the energy of the LO phonons
depends nonlinearly on the concentration of isotopes [195],
one may expect that the dependence of DLT on the concentra-
tion of isotopes will also be nonlinear (see also Ref. [134]).

We see that the experimental material presented in this
section gives convincing evidence that the magnitude of the
longitudinal-transverse splitting of polaritons in LiH crystal
increases as hydrogen is replaced with deuterium.

6. Isotopic disordering of crystal lattice

According to the classical definition of Lifshits [196], there are
two types of disordering in a crystal lattice: site disordering
and structural disordering. In the first case we deal with the
random distribution of atoms (ions) with different scattering
properties in the lattice sites. Structural disordering is the
distortion of the steric distribution of the lattice sites.
Obviously, isotopic disordering ought to be classified as a
site disordering of the crystal lattice. Even though a special
volume has been published in a well-known series on solid
state physics devoted to the optical properties of mixed
crystals with different types of disordering [30] (and where,
incidentally, the isotopic model is used Ð see, for example,
Ref. [197]), there are simply no experimental results regarding
the physical characteristics of isotopically mixed crystals. In
this respect the present review is an important addendum to
Ref. [30], since here we are mainly concerned with the
description of experimental results and their consistent
comparison with the existing theoretical models. Let us add
that the fact that these effects are common for a large number
of crystals (C, LiH, Ge) with different binding and different
physical characteristics, permits us to find the limits of
applicability of models over a broad range of microscopic
parameters.

6.1 Effect of disordered lattice on the energy of interband
transitions in LiHxD1-x crystals
Numerous studies of reflection (absorption) spectra of
mixed compounds A1B7, A2B6, and A3B5, carried out over
the past four decades, point to the existence of large-radius
excitons in these materials. The widths of exciton bands
were shown to depend on the composition of the solid
solution. The random relief of the potential is caused by
disordering of the crystal lattice. According to modern
views (see, for example, Ref. [197]), if the kinetic energy of
an exciton exceeds the potential energy of localization, the
exciton will not `sense' the random relief of the potential. If
the kinetic energy of exciton is small, then the exciton will
be localized by the potential created by fluctuations of the
composition of the crystal lattice. And since the energy of
localization is different at different points of the sample, the
energy of the exciton transition will also be different, which
leads to broadening of the exciton line. The localized and
delocalized states are separated by the mobility threshold
[198]. From the above it becomes clear that exciton states in
solid solutions will be observed when and only when the
exciton is not ionized by the field of such a fluctuation, and
broadening of the exciton lines is much less than the binding
energy Eb of the exciton in such states. In localized exciton
states, not only is the relative motion of the exciton and hole
localized, but also the translation motion of the exciton as a
whole (see also Ref. [199]). It ought to be added that quasi-
momentum is no longer a good quantum number for
excitons with low kinetic energy, and therefore excitons
with different energies may be generated through the
absorption of light. The density of states in the exciton
band in the low-energy range is very different from the
density of states of free excitons (Fig. 17). In Ref. [199] the
method of optimal fluctuation (for more details see
Ref. [196]) was used for finding expressions for the
absorption coefficient k�E� in the region of the long-wave
wing of the exciton line, as well as the density of the
localized states r�E�. Both these functions fall off towards
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Figure 16. Luminescence of polaritons in LiH crystal cleft in liquid helium

at 105 K (a) and 4.2 K (b).
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the bottom of the forbidden zone as

K�E� / r�E� / exp

�
ÿ E

E0

�1=2

; �27�

whereE is the energy of localization counted from the bottom
of the exciton band in the virtual crystal model, and E0 is the
parameter which defines the broadening of the exciton lines.
It was demonstrated that the halfwidth of the exciton
absorption line is 14E0. In chemically mixed semiconductor
crystals, especially those of the A2B6 group [197, 199],
smearing of the edges of the conduction band and valence
band occurs because of fluctuation of the electron potential;
the bandwhose carrier is heavier is smearedmore . Numerous
comparisons of the results on broadening of exciton lines by
large-scale composition fluctuations (whose geometrical size
is comparable with the wavelength of the exciton) with the
proposed theoretical model, point to good qualitative and
quantitative agreement, especially for A2B6 compounds (see
Ref. [199] and references therein).

As follows from Fig. 8, excitons in LiHxD1ÿx crystals
display a unimodal character, which facilitates the interpreta-
tion of their concentration dependence. Figure 18 shows the
concentration dependence of the energy of interband transi-
tions Eg. Each value of Eg was found by adding together the
energy of the long-wave band in the reflection spectrum and
the binding energy of the exciton. The latter was found from
the hydrogen-like formula using the experimental values of
the energies of levels of 1s and 2s exciton states. We see that
the 100% replacement of hydrogen with deuterium changes
Eg by DEg � 103 meV at T � 2 K [133]. This constitutes 2%
of the energy of electron transition, which is by two orders of
magnitude greater than the value corresponding to isotopic
replacement of atomic hydrogen with deuterium reported in
Ref. [133].

The nonlinear concentration dependence of Eg can be
sufficiently well approximated with a polynomial of the
second order

Eg�x� � Eb � �Ea ÿ Eb ÿ b� xÿ bx2 ; �28�

where Ea, Eb are the values of Eg for LiD and LiH
respectively, and b is the curvature parameter equal to
0.046 eV. This result generally agrees with the published
data (see also Refs [200, 201] and references therein). For
comparison let us indicate that in the case of isotopic
substitution in germanium the energy Eg depends linearly on

the concentration of isotopes for both direct (E0; E0 � D0;
E1 � D1) and indirect [153] electron transitions. Unfortu-
nately, at present there is no information on the form of the
function Eg / f�x� for isotopic substitution in C, ZnO, CdS,
Cu2O crystals, although, as noted above, the values of Eg

have been measured for isotopically pure crystals (see Section
4.3.1).

6.2 Broadening of lines of the exciton ground state
in the spectrum of mirror reflection
As follows from Fig. 8, the addition of deuterium leads not
only to the short-wave shift of the entire exciton structure
(with different rates for 1s and 2s states [124]), but also to a
significant broadening of the long-wave exciton reflection
line. This line is broadened 1.5 to 3-fold upon transition from
pure LiH to pure LiD. The measure of broadening was the
halfwidth of the line measured in the standard way (see, for
example, Ref. [203]) as the distance between the maximum
and theminimum in the dispersion gap of reflection spectrum,
taken at half-height. The concentration dependence of the
halfwidth (DER) of the long-wave band in the exciton
reflection spectrum at 2 K is shown in Fig. 19. Despite the
large spread and the very limited number of concentrations
used, one immediately recognizes the nonlinear growth of
DER with decreasing x. A similar concentration dependence
of DER in the low-temperature reflection spectra of solid
solutions of semiconductor compounds A2B6 and A3B5 has
been reported more than once (see, for example, the review
[30] and references therein). The observed broadening of
exciton lines is caused by the interaction of excitons with the
potential of large-scale fluctuations of composition of the
solid solution. Efros and colleagues (see, for example,
Ref. [199]) used the method of optimal fluctuation [196] to
express the formula for the concentration dependence of
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Figure 17. Densities of states r�E� in exciton band for noncoherent and

coherentmotion of exciton.Dashed line shows the density of states for free

excitons.
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Figure 18. Energy of band-to-band transitions Eg as a function of isotope

concentration in mixed LiHxD1ÿx crystals at 2 K: 1 Ð linear dependence

of Eg on x in the virtual crystal model; 2 Ð calculation according to Eqn
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broadening of exciton reflection lines:

DER � 0:5a
�
x�1ÿ x�
Nrex

�1=2
: �29�

where a � dEg= dx;N is the concentration of sites which may
be occupied by the replacement atoms; rex is the exciton radius
which varies from 47 A to 42 A upon transition from LiH to
LiD [133]. The value of coefficient a was found by differ-
entiating Eqn (28) with respect to x Ð that is,
dEg= dx � a � Ea ÿ Eb ÿ b� 2bx. The results of the calcula-
tion according to Eqn (29) are shown in Fig. 19 by solid line.

The experimental results lie much closer to this curve than
to the straight line plotted from the virtual crystal model. At
the same time it is clear that there is only qualitative
agreement between theory and experiment at x > 0:5. Never-
theless, even this qualitative analysis clearly points to the
nonlinear dependence of broadening on the concentration of
isotopes, and hence to the isotopic disordering. Since isotopic
substitution only affects the energy of optical phonons, and as
a consequence, the constant g2 of the exciton ± phonon
interaction (mainly the Frohlich one [69]), the nonlinearity
of the functions DEg / f�x�, DER / f�x� is mainly related to
the nonlinear behavior of g2 / f�x�. In this way, the
experimental study of the concentration dependence of the
constant of the exciton ± phonon interaction may throw light
on the nature and mechanism of the large-scale fluctuations
of the electron potential in isotopically disordered crystals.

6.3 Nonlinear dependence of binding energy
on the isotope concentration
Amatter of principle for further development of the theory is
the question concerning the effect of crystal lattice disorder-
ing on the binding energy Eb of the Wannier ±Mott exciton
[149]. This problem has been treated theoretically in Refs [31,
33], where the effect of weak disordering on Eb was studied
(the energy of disordering is comparable with Eb [31]). The
binding energy in Ref. [31] was calculated in the approxima-
tion of a coherent potential by solving the Bethe ± Salpeter

equation as applied to the problem of the Wannier ±Mott
exciton in a disordered medium. One of the principal results
of Ref. [31] is the nonlinear dependence of Eb on the
concentration. As a consequence, the binding energy Eb at
half-and-half concentrations is less than the value derived
from the virtual crystal model. The binding energy of the
exciton is reduced because the energy Eg is less, owing to
fluctuation smearing of the edges of the conduction band and
the valence band. This conclusion is in qualitative agreement
(although not in quantitative agreement, the discrepancy
being about an order of magnitude Ð see also Ref. [31])
with the experimental results for themixed crystal GaAs1ÿxPx

with x � 0:37, where the reflection spectra exhibited two
exciton maxima (see also Fig. 8) used for finding the value
of Eb (see Refs [31, 136] and references therein). Let us add
that the pivotal feature of the model of Ref. [31] is the short-
range nature of the Coulomb potential (for more details see
Ref. [75]).

The data from Table 4 and other published sources [5,
124, 133] was used for plotting the energy Eb in Fig. 20 as a
function of isotopic concentration x. The values of the
binding energy Eb were calculated with the hydrogen-like
formula (see below) using the energies of exciton levels of 1s
and 2s states found from the reflection spectra (see Fig. 6).
The theoretical description of the binding energy of Wan-
nier ±Mott excitons as a function of x was based on the
polynomial derived in Ref. [31]:

Eb � Ecrys
b ÿ Ebow

�
1ÿW

2U0

�
ÿ Eeff ; �30�

Eeff � x�1ÿ x� dcdv
W

; �31�

Ecrys
b � U0 � W

2U0
ÿW0 : �32�

where W �Wc �Wv; and Wc and Wv are the widths of the
conduction and the valence bands which are 21 eV [88] and 6
eV [89] respectively. Here Ebow is the curvature parameter
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Figure 19. Concentration dependence of halfwidth of the exciton ground

state line in the mirror reflection spectrum at 2 K: 1 Ð approximation of

the virtual crystal model; 2 Ð calculation according to Eqn (29);
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found from the function Eg / f�x�; dc and dv are the
magnitudes of the fluctuation smearing of the edges of the
valence and conduction bands, dc � 0.103 eV and
dv � ÿ 0.331 eV. As follows from Fig. 20, these values of the
parameters give a good enough description of the nonlinear
dependence of the binding energy of the Wannier ±Mott
exciton in the disordered medium. This agreement between
theory and experiment once again proves the inherent
consistency of the model proposed in Ref. [31], since the
isotopic substitution affects the short-range part of the
interaction potential.

In this way, the nonlinear dependence of the binding
energy of the Wannier ±Mott exciton is caused by isotopic
disordering of the crystal lattice.

6.4 Effect of disordering on linewidths
of luminescence of free excitons
When light is excited by photons in the region of fundamental
absorption in mixed LiHxD1ÿx crystals at low temperature,
line luminescence is observed (Fig. 21), as in pure LiH and
LiD crystals. As before [59], the luminescence spectrum of
crystals cleft in liquid helium consists of the relatively narrow
phononless line and its broader LO repetitions. For the sake
of convenience, and without sacrificing generality, Fig. 21
only shows the lines of two LO repetitions. Usually up to five
LO repetitions are observed in the luminescence (excitation)
spectrum, as described in detail in Ref. [159]. In Fig. 21 we see
immediately that the structure of all three spectra is the same.
The difference is in the distance between the observed lines, as
well as in the energy at which the luminescence spectrum
begins, and in the halfwidths of the line. The first feature is
explained by the gradual and smooth decrease of the energy of
LO phonon upon transition from LiH to LiD. This is related
to the unimodal nature of LO phonons in mixed LiHxD1ÿx
crystals at high isotope concentrations (0:4 < x < 1:0 [195]).
This conclusion was made in Ref. [195] from the spectra of
RRLS. The second feature is attributed to the phonon
renormalization (mainly through interaction with LO pho-
nons [124]) of the energy of band-to-band transitions. The
change in Eg is also smooth and continuous though nonlinear
(see Fig. 18). It is hard to miss the broadening of emission
lines of excitons in mixed crystals as compared to pure
crystals. This is especially clear for the lines of LO repetitions
Ð as described earlier for mixed crystals of A2B6 group in
Ref. [204]. In our case the line broadening for some crystals is
as large as three or four widths of the lines in pure crystals (see
below).

A more detailed quantitative study of the lineshapes in
repetitions was carried out using the example of a line in the
2LO repetition. The results of this study are presented in
Fig. 22. Here curve 1 is the Maxwellian distribution of
excitons with respect to kinetic energy [16]:
I �WE

1=2
kin exp�ÿEkin=kT� dEkin, where Ekin is the kinetic

energy of excitons [see Eqn (26)]. Curve 2 is the result of
convolution of the Lorentz andGauss curves of the form (see,
for example, Ref. [205]):

IT�E� �
�1
ÿ1

IF�E 0� exp
�
ÿ4 ln 2 E 0 ÿ E

d2

�
dE 0 ; �33�

where IF�E 0� is the Maxwell distribution of excitons, and d is
the Gaussian broadening of the emission line due to the
disordering of anions (isotopes) in the crystal lattice (see
also Ref. [206]).

Comparison of the calculated results with the experi-
mental data clearly points (see Fig. 22) to a better agreement
with curve 1. It is important that, as before [55], for
reconciliation between theory and experiment one has to
assume that the temperature of the excitons is 100 times
greater than the temperature of the lattice{. Such large
broadening can hardly be explained solely by third-order
anharmonism, given the close values of the widths of
branches of optical phonons in LiH and LiD [207]. Hence
follows a reasonable assumption that some of the experimen-
tally observed broadening is definitely caused by disordered
isotopic substitution in the anion sublattice. An additional
argument in favor of this assumption is the experimentally
measured dependence of the halfwidth of the line of 2LO
repetition on the concentration x shown in Fig. 23. Here also
curve 1 represents the concentration dependence of the
halfwidth of the line of 2LO repetition in the virtual crystal
modelÐ that is, s � xs1 � �1ÿ x�s2, where s1 and s2 are the

5.00 4.80 E, eV

I

1LO

1LO

2LO

2LO

Â

b

c

Figure 21. Emission spectra of free excitons light-excited in crystals of LiD

(a), LiH0.45D0.55 (b), LiH (c) at 4.2 K, cleft in liquid helium. Spectral

resolution of instrument is indicated on the diagram.

{The existence of kinetic energy of heated excitons in mixed CdSxSe1ÿx
crystals was recently reported in Ref. [204]. It ought to be noted that while

the conclusion concerning the existence of quasi-momentum of free

excitons made in Ref. [204] holds for small concentrations, in the case of

LiHxD1ÿx the same is true for arbitrary concentrations of isotopes.
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halfwidths of the lines of 2LO repetitions for pure LiH and
LiD crystals. Although, as noted earlier, the change of the
lattice constant of LiHxD1ÿx crystals with x is directly
described by the virtual crystal model, from Fig. 23 we see
that the linear approximation alone is not sufficient for
describing the experimental dependence s2LO / f�x�. Much
closer to the experimental results is curve 2, which is the result
of calculation according to the model of Ref. [208]. In this
model the dependence of s2LO on x is found with the aid of
perturbation theory in the approximation of virtual crystal.
The perturbation is represented by fluctuations of the crystal
potential, which in Ref. [208] were treated according to the
Lifshits method of optimal fluctuations [25]:

s � 2

�
x�1ÿ x�1:4 r3c

r3ex

�1=2
D ; �34�

rex � xr1 � �1ÿ x� r2 ; D � dEg

dx
; �35�

where rc is the size of a cluster (fluctuation) (in the
calculations the value of rc was assumed to be equal to the
lattice constant of mixed LiHxD1ÿx crystal [60]); rex is the

radius of an exciton in amixed crystal found fromEqn (35); r1
and r2 are the exciton radii in pure crystals. The values of rex
found from the hydrogen-like formula fit in with these values
(see Sections 2.2 and 4.1). The dependence of the halfwidth of
the emission line of free excitons in a mixed crystal on the
composition of its lattice as calculated from Eqn (35) is also
plotted in Fig. 23. Triangles on the same diagram depict the
experimental points derived from the spectra of intrinsic
luminescence of mixed LiHxD1ÿx crystals. Generally, there
is a good enough agreement between theory and experiment.
This agreement relates essentially to the nonlinear behavior of
s2LO / f�x�. At the same time we see that the values of
maximum s in theory and experiment are not the same. The
largest broadening of the line of 2LO repetition in LiHxD1ÿx
crystal is experimentally observed at x � 40%. This, on the
other hand, is in qualitative agreement with the results of Ref.
[209] where the asymmetry of the function s2LO / f�x� is
attributed to the fact that r1 and r2 are not the same. The
common feature of the above results is also the maximum
amount of broadening: three or four-fold according to both
calculations and experiment. Notwithstanding the agreement
between theoretical and experimental results, one must admit
that it has not been possible to achieve quantitative agreement
between the experiment and the model of Ref. [208]. We
would like to emphasize, however, that the results of a
quantitative study of the shape and halfwidth of emission
lines of free excitons in mixed crystals described in this paper
are, to our knowledge, presented for the first time. Further
studies are certainly required to obtain the final form of the
function s / f�x�, which should take due account of the
concentration dependence of anharmonism [210, 211]. Even
these first results, however, obtained with a limited number of
mixed crystals, are universal enough. Indeed, the existence of
kinetic energy of excitons in mixed LiHxD1ÿx crystals (and
hence the existence of quasi-momentum k) is another
independent proof of importance of fine fluctuations of the
potential for the localization of free excitons. The mismatch
between the experimental results on the broadening of the
emission lines of free excitons and the linear approximation of
the virtual crystal model is a clear indication that it is
necessary to take the lattice disordering into account even
for isotopically mixed crystals [133]. We ought to add that

0 0.5 1.0

60

40
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1
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d2LO, meV

Figure 23.Concentration dependence of halfwidth of the luminescence line

of the 2LO repetition in LiHxD1ÿx crystals cleft in liquid helium: 1 Ð

approximation of the virtual crystal model; 2 Ð calculation according to

Eqn (34); 3Ð experimental points [133].
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Figure 22. Photoluminescence spectrum of LiH0.21D0.79 crystal at 4.2 K, cleft in liquid helium: 1ÐMaxwell distribution calculated for the virtual crystal

model; 2Ð convolution of Lorentzian and Gaussian.
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isotopic substitution in diamond [127], ZnO [125] and Ge
[126, 212 ± 214] also resulted in a shift of the luminescence
spectrum of free excitons. Moreover, isotopic substitution in
Ge leads not only to a shift of the luminescence spectrum, but
also to the nonlinear concentration dependence of the half-
width of the emission line, which, as in case of lithium
hydride, was attributed to the isotopic disordering of the
crystal lattice (see also Ref. [212]).

7. Conclusions

The universality of a broad class of phenomena related to the
isotopic effect on large-radius excitons in crystals with
different structure and type of chemical bond (C, LiH, ZnO,
CdS, Cu2O, Si, Ge) allows us to speak of a new emerging
direction of research: the spectroscopy of Wannier-Mott
excitons in crystals with different isotopic composition.
Numerous practical applications of this research provide a
strong and independent stimulus for its advancement. The
existence of a large number of stable (or long-lived) isotopes,
together with well-developed separation techniques, facilitate
the development of isotopic engineering, which requires a
deep understanding of the fundamental processes which take
place in such compounds.

The experimental results presented in this review indicate
that isotopic substitution of a light isotope by a heavy one
leads to an increase in the band-to-band transitions with a
nonlinear dependence on the concentration of isotopes,
although the lattice constant of most isotopically mixed
crystals (with the exception of diamond) complies with
Vegard's law. A comparative study of the temperature and
isotopic shift of the edge of fundamental absorption for a
large number of different crystals indicates that the main (but
not the only) contribution to this shift comes from the zero
oscillations whose magnitude may be quite considerable and
comparable with the energy of LO phonons. The replacement
of light isotope by a heavier one causes a nonlinear increase in
the binding energy of the Wannier ±Mott exciton, and to an
increase in the energy of longitudinal-transverse splitting Ð
the latter is especially hard to interpret theoretically. The
theoretical description of the experimentally observed depen-
dence of the binding energy of an exciton on the nuclear mass
requires the simultaneous consideration of the exchange of
LO phonons between the electron and hole in the exciton, and
the separate interaction of carriers with LO phonons. Apart
from the isotopic shift, all lines of the exciton spectra of
reflection and luminescence (RRLS) exhibit additional
broadening. The nonlinear concentration dependence of the
energy Eg / f�x� and the halfwidth of the long-wave exciton
peak in the reflection spectrum DER / f�x� is caused primar-
ily by isotopic disordering of the crystal lattice in mixed
LiHxD1ÿx crystals. The nonlinear dependence of the binding
energy Eg / f�x� of Wannier ±Mott excitons on the concen-
tration xEb / f�x� is due to fluctuation smearing of the edges
of the conduction and valence bands. The experimental
dependence Eb / f�x� for LiHxD1ÿx crystals fits in well
enough with the calculations according to the model of
large-radius exciton in a disordered medium; hence it follows
that the fluctuation smearing of the band edges is caused by
isotopic disordering of the crystal lattice.

The identical structure of spectra of intrinsic luminescence
of pure crystals and mixed LiHxD1ÿx crystals, which consists
of the narrow phononless line and its broader LO repetitions,
and the peculiar temperature dependence of the intensity of

these lines are definitely associated with emission by free
excitons. Free excitons may carry kinetic energy which is as
high as ten times their binding energy. The experimentally
observed considerable broadening of the lines of LO repeti-
tions in mixed crystals is also caused by isotopic disordering
of the crystal lattice. A further argument in favor of the above
is provided by the nonlinear dependence of the halfwidth of
LO repetition in the emission spectrum of free excitons on the
isotope concentration x. The observed dependence fits in
qualitatively with the theory of the emission of excitons in
disordered medium. It is also assumed that anharmonism of
the third-order depends nonlinearly on the isotope concen-
tration. We ought to emphasize the universality of phenom-
ena associated with the isotopic effect and the effect of
disordering in crystals of diamond, and lithium hydride, as
well as silicon and germanium.

Acknowledgments. I wish to express my deep gratitude to all
my students, postgraduates and co-authors, with whom we
jointly studied the isotopic effects in the solid state. Special
thanks to F F Gavrilov and G I Pilipenko for the many years
of creative cooperation. I am grateful to V Gerega and E
Barysheva for technical assistance.

References

1. Ginzburg V LUsp. Fiz. Nauk 118 315 (1976) [Sov. Phys. Usp. 19 174

(1996)]

2. Weir S T, Mitchell A C, Nellis W J Phys. Rev. Lett. 76 1860 (1996)

3. Plekhanov V G Opt. Spektrosk. 69 882 (1990)

4. Plekhanov V G, in Proc. Int. Conf. Lasers'80 (McLean, VA, USA:

STS Press, 1981) p. 94

5. Plekhanov V G Opt. Spektrosk. 79 424 (1995)

6. Haller E E J. Appl. Phys. 77 2857 (1995)

7. Berezin A A, Ibrahim A M Mater. Chem. Phys. 19 (5) 407 (1988);

Berezin A A J. Phys. Chem. Solids 50 5 (1989)

8. Frenkel J Phys. Rev. 37 17 (1931); 1276 (1931)

9. Peierls R Ann. Phys. 13 905 (1932)

10. Slater J C, Shockley W Phys. Rev. 50 705 (1936)

11. Wannier G H Phys. Rev. 52 191 (1937)

12. Mott N F Proc. Roy. Soc. (London) A 167 384 (1938)

13. Davydov A S Teoriya Molekulyarnykh EÂksitonov (Theory of Mole-

cular Excitons) (Moscow: Nauka, 1968) [Translated into English

(New York: Plenum Press, 1981)]

14. Knox R Theory of Excitons (New York, 1963) [Translated into

Russian (Moscow: Mir, 1966)]

15. Agranovich V M, Ginzburg V L Kristallooptika s Uchetom Pros-

transtvenno|̄ Dispersii i Teoriya EÂksitonov (Crystal Optics With

Spatial Dispersion and Theory of Excitons) (Moscow: Nauka,

1979) [Translated into English (Berlin, New York: Springer Verlag,

1984)]

16. Gross E F Izbrannye Trudy (Selected Papers) (Leningrad: Nauka,

1976)

17. Agekyan V T Phys. Status Solidi A 43 11 (1977)

18. Permogorov S A, in Fizika Soedineni|̄A2B6 (Physics of Compounds

A2B6) (Moscow: Nauka, 1986)

19. Cardona M Modulation Spectroscopy (New York: Akad. Press,

1969) [Translated into Russian (Moscow: Mir, 1972)]

20. Pekar S I Crystal Optics and Additional Light Waves (Mehlo Park,

CA: Benjamin Cummings Publ., 1983)

21. Haken H Quantum Field Theory of Solids (Amsterdam: North-

Holland Publ., 1976)

22. Pekar S I Issledovaniya po EÂlektronno|̄ Teorii Kristallov (Studies in
the Electron Theory of Crystals) (Moscow ± Leningrad, 1951)

23. Plekhanov V G et al. Fiz. Tverd. Tela 18 2438 (1976) [Sov. Phys.

Solid State 18 1422 (1976)]

24. Klochikhin AA, Plekhanov VG Fiz. Tverd. Tela 22 585 (1980) [Sov.

Phys. Solid State 22 342 (1980)]

25. Lifshits I M, Gredekskul S A, Pastur L A Vvedenie v Teoriyu

Neuporadochennykh Sistem (Introduction to the Theory of Disor-

576 V G Plekhanov Physics ±Uspekhi 40 (6)



dered Systems) (Moscow: Nauka, 1982) [Translated into English

(New York: Wiley, 1988)]

26. Shklovski|̄ B I, Efros A L EÂlektronnye Svo|̄stva Legirovannykh

Poluprovodnikov (Electronic Properties of Doped Semiconductors)

(Moscow: Nauka, 1979) [Translated into English (Berlin, New

York: Springer Verlag, 1984)]

27. Mott N, Davis E Electronic Processes in Noncrystalline Materials

Vols 1±2 (Oxford: Oxford Univ. Press, 1979) [Translated into

Russian (Moscow: Mir, 1982)]

28. Elliott R J, Krumhansl J A, Leath P LRev.Mod. Phys. 46 465 (1974)

29. Thorpe M F (Ed.) Excitations in Disordered Systems (New York,

London: Plenum Press, 1982)

30. Elliott R J, Ipatova I P (Eds) Optical Properties of Mixed Crystals

(Amsterdam: North-Holland Publ., 1988)

31. Kanehisa M A, Elliott R J Phys. Rev. B 35 2228 (1987)

32. Tanguy Ch Phys. Rev. Lett. 75 4090 (1995)

33. Schwabe N F, Elliott R J Phys. Rev. B 53 5318 (1996)

34. Kapustinsky A F, Shamovsky L M, Bayushkina K S Acta Physi-

cochim. (USSR) 7 799 (1937)

35. Bach F, Bonhoeffer K F Z. Phys. Chem. B 23 (3 ± 4) 256 (1933)

36. Rauch W Z. Phys. 111 (9 ± 10) 650 (1939)

37. Pretzel F E et al. J. Phys. Chem. Solids 16 10 (1960)

38. Gavrilov F F Opt. Spektrosk. 7 371 (1959)

39. Gavrilov F F et al. Fiz. Tverd. Tela 13 3107 (1997)

40. Cholakh S O, Kalder AA, Gavrilov F F Izv. Akad. Nauk SSSR Ser.

Fiz. 38 1309 (1974)

41. Lushchik Ch B et al. Elektronnye Vozbuzhdeniya i Defekty v

Kristallakh Gidrida Litiya (Electron Excitations and Defects in

Lithium Hydride Crystals) (Moscow: Nauka, 1985)

42. Holcombe C E, Powell G L J. Nucl. Mater. 47 121 (1973)

43. Harbach F, Fischer F J. Phys. Chem. Solids 36 601 (1975)

44. Uchida K et al. Phys. Status Solidi A 58 557 (1980)

45. Pustovarov V A, Betenekova T A, Zav'yalov N A Trudy po

Ispol'zovaniyu SI-84 (Studies onApplication of SI-84) (Novosibirsk:

1984) p. 289

46. Pilipenko G I, Oparin D V, Gavrilov F F Solid State Commun. 57

869 (1986)

47. Barker J M, Jenkins A A, Ward R C C J. Phys. C. 3 8467 (1991)

48. Grabovskiy V Ya, Dzenis Ya Ya, Savel'ev V L, in Tezisy Dokladov

VIII Vsesoyuzno|̄ Konferentsii po Fizike Vakuumnogo Ul'trafioleta

(Synopses of Rep. at 8th All-Union Conf. on Phys. of Vacuum

Ultraviolet) Part I (Irkutsk: 1989) p. 59

49. Betenekova TAAvtoreferat Dis. Kand. Fiz.-Mat. Nauk (Synopsis of

PhD Thesis) (Sverdlovsk: UPI, 1977)

50. Kink R A et al.Nucl. Instrum. Methods Phys. Res. A 261 138 (1987)

51. Boki|̄ G B Kristallokhimiya (Crystal Chemistry) (Moscow: Nauka,

1971)

52. Calder R S et al. J. Phys. Chem. Solids 23 621 (1962)

53. Pauling L Priroda Khimichesko|̄ Svyazi (Nature of Chemical Bond)

(Moscow ± Leningrad: Goskhimizdat, 1947)

54. Tyutyunnik O I et al. J. Cryst. Growth 68 741 (1984)

55. Plekhanov V G, Emel'yanenko A V, Grinfelds A U Phys. Lett. A

101 (5, 6) 291 (1984)

56. Plekhanov VG, inProc. Int. Conf. Advances Solid State Lasers, Salt

Lake City, UT, 1990 (USA: SOQUE, 1990)

57. Plekhanov V G, Altukhov V I J. Raman Spectrosc. 16 358 (1985)

58. Plekhanov V G Fiz. Tverd. Tela 35 3035 (1993) [Sov. Phys. Solid

State 34 906 (1993)]

59. Plekhanov V G, Altukhov V I, in Proc. Int. Conf. Lasers '82 VA,

USA (STS Press, McLean, 1983) p. 292

60. Zimmerman W B Phys. Rev. B 5 4704 (1972)

61. Smith D K, Leider H R J. Appl. Cryst. 1 246 (1968)

62. Anderson J L et al. J. Phys. Chem. Solids 31 613 (1970)

63. Born M, Huan Kun Dinamicheskaya Teoriya Kristallicheskikh

Reshetok (Dynamic Theory of Crystal Lattices) (Moscow: Inos-

trannaya Literatura, 1958)

64. Blistanov A A et al. Akusticheskie Kristally: Spravochnik (Acoustic

Crystals: Handbook) (Ed.MT Shchaskol'skaya) (Moscow: Nauka,

1982)

65. Ubbelohde A R Molten State of Matter: Melting and Crystal

Structure (Chichestes, New York: Wiley, 1978) [Translated into

Russian (Moscow: Metallurgiya, 1982)]

66. AvenM, Prener J, Segall B,Marple D TF (Eds), inPhys. and Chem.

of 2 ± 6 Compounds (Amsterdam: North-Holland Publ., 1967)

Chapters 1, 7

67. Kunz A B, Mickish D J Phys. Rev. B 11 1700 (1975)

68. Baroni S, Pastori Parravicini G, Pezzica G Phys. Rev. B 32 4077

(1985)

69. Plekhanov V G, Altukhov V I Fiz. Tverd. Tela 23 774 (1981) [Sov.

Phys. Solid State 23 439 (1981)]

70. Elliott R J Phys. Rev. 108 1384 (1957)

71. Plekhanov V G, O'Connell-Bronin A A Pis'ma Zh. Eksp. Teor. Fiz.

27 413 (1978) [JETP Lett. 27 387 (1978)]

72. Segall B, Mahan G D Phys. Rev. 171 935 (1968)

73. Rashba E I, Sturge M (Eds) Excitons (Amsterdam: North-Holland

Publ., 1982)

74. Fedoseev V G Phys. Status Solidi B 59 715 (1973)

75. Plekhanov V G Phys. Rev. B 54 3869 (1996)

76. Thomas D G, Hopfield J J Phys. Rev. 116 573 (1959)

77. Poole R T et al. Phys. Rev. B 11 5179 (1975)

78. Harrison W Solid State Theory (New York: McGraw-Hill, 1970)

[Translated into Russian (Moscow: Mir, 1972)]

79. Mott N F, Herni R V EÂlektronnye Protsessy v Ionnykh Kristallakh

(Electron Processes in Ionic Crystals) (Moscow: Inostrannaya

Literatura, 1950)

80. Slater J The Self-Consistent Field for Molecules and Solids (New

York:McGraw-Hill, 1975) [Translated into Russian (Moscow:Mir,

1978)]

81. Fowler W B Phys. Rev. 151 657 (1966)

82. Ewing D H, Seitz F Phys. Rev. 50 760 (1936)

83. Perrot F Phys. Status Solidi B 77 517 (1976)

84. Zavt G S et al. Fiz. Tverd. Tela 18 2724 (1976) [Sov. Phys. Solid State

18 1588 (1976)]

85. Kulikov N I Fiz. Tverd. Tela 20 2027 (1978) [Sov. Phys. Solid State

20 1170 (1978)]

86. Grosso G, Parravicini G P Phys. Rev. B 20 2366 (1979)

87. Evarestov R A, Kotomin E A, Ermoshkin A N Molekulyarnye

Modeli Tochechnykh Defektov v Shirokoshchelevykh Tverdykh Tel-

akh (MolecularModels of Point Defects in Broad-gap Solids) (Riga:

Zinatne, 1983)

88. Hama J, Kawakami N Phys. Lett. A 126 (5 ± 6) 348 (1988); Phys.

Rev. B 39 3351 (1989-I)

89. Betenekova T A et al. Fiz. Tverd. Tela 20 2470 (1978) [Sov. Phys.

Solid State 20 1426 (1978)]

90. Ichikawa K, Suzuki N, Tsutsumi K J. Phys. Soc. Japan 50 3650

(1981)

91. Pantelides S T Phys. Rev. B 11 5082 (1975)

92. Zavt G S et al. Fiz. Tverd. Tela 29 588 (1987) [Sov. Phys. Solid State

29 337 (1987)]

93. Maksimov EG, Pankratov O AUsp. Fiz. Nauk 116 385 (1975) [Sov.

Phys. Usp. 18 481 (1976)]

94. Behringer R E Phys. Rev. 113 787 (1959)

95. Trubitsyn V P, Ulinich F R Izv. Akad Nauk SSSR Ser. Geofiz. (6)

949 (1963) [Bull. Acad. Sci. USSR Ser. Geophys. (6) 582 (1963)]

96. Vaisnys J R, Zmuidzinas J S Appl. Phys. Lett. 32 152 (1978)

97. Kondo Y, Asaumi K J. Phys. Soc. Japan 57 367 (1988)

98. Ghandehari K et al. Solid State Commun. 95 385 (1995)

99. Ansel'm A I, Firsov Yu A Zh. Eksp. Teor. Fiz. 30 719 (1956) [Sov.

Phys. JETP 3 564 (1956)]

100. ThomasDG (Ed.) ``II±VI Semiconducting compounds'' 1967,Proc.

Int. Conf. (New York: Benjamin, 1967)

101. Firsov Yu A (Ed.) Polyarony (Polarons) (Moscow: Nauka, 1975)

102. Permogorov S, in Excitons (Eds E I Rashba, M Sturge) (Amster-

dam: North-Holland Publ., 1982) Chapher 3

103. Toyozawa Y Progress Theor. Phys. (Kyoto) 20 53 (1958)

104. FroÈ hlich H Adv. Phys. 3 325 (1954)

105. Klochikhin A A Fiz. Tverd. Tela 22 1690 (1980) [Sov. Phys. Solid

State 22 986 (1980)]

106. Bulyanitsa DS Fiz. Tverd. Tela 4 1273 (1970) [Sov. Phys. Solid State]

107. Plekhanov VG Avtoreferat Dis. Doct. Fiz.-mat. Nauk [Synopsis of

Dr. Phys. Math. Thesis] (Tartu: IF AN ESSR, 1981)

108. Fan C Y Phys. Rev. 82 300 (1951)

109. Fan H Photon ± Electron Interaction Crystals Without Fields (W.

Berlin, 1967) [Translated into Russian (Moscow: Inostrannaya

Literatura, 1969)]

June, 1997 Isotopic and disorder effects in large exciton spectroscopy 577



110. Heine V, Van Vechten J A Phys. Rev. B 13 1622 (1976)

111. Cohen M L, Chadi D J Semiconductor Handbook Vol. 2 (Ed.

MBalkanski) (Amsterdam:North-Holland Publ., 1980) Chapter 4b

112. Logothetidis S et al. Phys. Rev. B 34 2458 (1986)

113. Logothetidis S, Cardona M, Carriga M Phys. Rev. B 43 11950

(1991-I)

114. Gopalan Sudha, Lautenschlager P, Cardona M Phys. Rev. B 35

5577 (1987-I); CardonaM, Gopalan Sudha, in Progress on Electron

Properties of Solids (Dodrecht, Boston, London: Kluwer Acad.

Publ., 1989) p. 57

115. Varshni Y P Physica 34 149 (1967)

116. Manoogian A Canad. J. Phys. 60 1490 (1992)

117. Quintero M, Gonzales J, Wooly J C J. Appl. Phys. 70 1451 (1991)

118. Plekhanov V G Opt. Spektr. 75 51 (1993)

119. Bir G L, Pikus G E Symmetry and Deformation Effects in Semi-

conductors (New York: Wiley, 1974) [Translated into Russian

(Moscow: Nauka, 1972)]

120. Guinan M W, Cline C F J. Nonmetals 1 11 (1972)

121. Wolford D J, in Proc. 18th Int. Conf. Phys. Semicond. Vol. 2

(Singapore: World Science, 1990) p. 1115

122. Moss T, Barrel G, Ellis B Semiconductor Optoelectronics (London:

Butterworths, 1973) [Translated into Russian (Moscow:Mir, 1976)]

123. Pankov J Optical Processes in Semiconductors (Englewood Cliffs:

Prentice-Hall, 1971) [Translated into Russian (Moscow:Mir, 1976)]

124. Plekhanov VG, inProc. 20th Int. Conf. Phys. Semicond. (Singapore:

World Science, 1990) p. 1955; Solid State Commun. 76 51 (1990)

125. Kreingol'd F I Fiz. Tverd. Tela 20 3138 (1978) [Sov. Phys. Solid State

20 1810 (1978)]

126. Agekyan V F et al. Fiz. Tverd. Tela 31 101 (1989) [Sov. Phys. Solid

State 31 2082 (1989)]

127. Collins A T et al. Phys. Rev. Lett. 65 891 (1990)

128. Plekhanov V G Phys. Rev. B 51 8874 (1995)

129. Leibfried GMikroskopicheskaya Teoriya Mekhanicheskikh i Teplo-

vykh Svo|̄stv Kristallov (Microscopic Theory of Mechanical and

Thermal Properties of Crystals) (Moscow, GIFML, 1962)

130. Yates B, Wostenholm G H, Bingham J L J. Phys. C 7 1769 (1974)

131. Itoh T, Narita S J. Phys. Soc. Japan 39 132 (1975)

132. Herzberg G Spectra of Diatomic Molecules (New York, 1939)

[Translated into Russian (Moscow: Inostrannaya Literatura, 1949)]

133. Plekhanov V G Zh. Prikl. Spektr. 49 954 (1988) [J. Appl. Spectrosc.

49 1270 (1988)]; Fiz. Tverd. Tela 37 1380 (1995) [Phys. Solid State 37

749 (1995)]; Fiz. Tverd. Tela 38 1159 (1996)

134. Plekhanov V G Phys. Rev. B 51 8874 (1995)

135. Nelson R J, in Exitons (Eds E I Rashba, M Sturge) (Amsterdam:

North-Holland Publ., 1982) Chapter 8

136. Nelson R J, Holonjak N, Groves W Phys. Rev. B 13 5415 (1996); J.

Phys. Chem. Solids 37 629 (1976)

137. Monemar B, Shih K K, Petit G D J. Appl. Phys. 47 2604 (1976)

138. Pearah P J et al. Phys. Rev. B 32 3857 (1985)

139. Radautsan S I, Tsurkan A E, Maksimova A E Slozhnye Polupro-

vodniki i Ikh Fizicheskie Svo|̄stva (Compound Semiconductors and

Their Physical Properties) (Kishinev: Shtiintsa, 1971) p. 12

140. Brodin M S, Vitrikhovskiy N N, Kipen' A A Spektry EÂksitonnogo

Otrazheniya Smeshannyx Monokristallov ZnxCd1ÿxS (Exciton Re-

flection Spectra of ZnxCd1ÿxS Mixed Single Crystals) VINITI File

24.05.1982 No. 2561

141. Kreingol'd F I, Lider K F, Shabaeva M B Fiz. Tverd. Tela 26 3490

(1984)

142. Bobrysheva A I, Jeru I I, Moskalenko S A Phys. State. Solidi B 113

439 (1982)

143. Onodera Y, Toyozawa Y J. Phys. Soc. Japan 24 341 (1968)

144. Kreingol'd F I, Lider K F, Solov'ev L E Pis'ma Zh. Eksp. Teor. Fiz.

23 679 (1976) [JETP Lett. 23 624 (1976)]; Fiz. Tverd. Tela 19 3158

(1977); Kreingol'd F I Fiz. Tverd. Tela 27 2839 (1985) [Sov. Phys.

Solid State 27 1712 (1985)]

145. Kreingol'd F I, Kulinkin B S Fiz. Tverd. Tela 28 3164 (1986)

146. Fuchs H D et al. Phys. Rev. B 43 4835 (1991)

147. Vavilov V S, Gippius A A, Konorova E A EÂlektronnye i Opticheskie

Protsessy v Almaze (Electron and Optical Processes in Diamond)

(Moscow: Nauka, 1985)

148. Singh J, in Solid State Phys. Vol. 38 (New York: Academic Publ.,

1984) p. 295

149. Plekhanov V G Phys. Rev. B 53 9558 (1996-I)

150. Mahanti S D, Varma CM Phys. Rev. B 6 2209 (1972)

151. Sak J Phys. Rev. B 6 2226 (1972)

152. Laheld U E H, Hemmer P C Phys. Rev. B 49 10739 (1994-I)

153. Parks C et al. Phys. Rev. B 49 14244 (1994-I)

154. Chang R K, Long M B, in Light Scattering in Solid Vol. 2 (Ed.

M Cardona, G Guntherodt) (Berlin: Springer-Verlag, 1982) p. 179

155. Pilipenko G I et al. Phys. Status Solidi B 130 173 (1985)

156. Plekhanov V G Opt. Spektrosk. 62 1300 (1987) [Opt. Spectrosc. 62

768 (1987)]

157. Dvinyaninov B L, Gavrilov F F, Shul'gin B V Izv. Akad. Nauk

SSSR Ser. Fiz. 29 415 (1965)

158. Gavrilov F F, Dvinjaninov B L, Shulgin B V, in Proc. Int. Conf.

Luminesc. (Budapest, 1996) p. 727

159. Plekhanov V G, Gavrilov F F, Pilipenko G I, VINITI File

19.02.1988 No. 1884-388

160. Pustovarov V A, Diploma Thesis (Tartu: 1976)

161. Zavt G S et al. Izv. Akad. Nauk SSSR Ser. Fiz. 40 1914 (1976)

162. Zav'yalov N A et al. Pis'ma Zh. Tekh. Fiz. 11 31 (1985) [Sov. Tech.

Phys. Lett. 11 13 (1985)]

163. Plekhanov VG, O'Connel-Bronin A A, Betenekova T A Fiz. Tverd.

Tela 19 3297 (1977)

164. Verbe J L, Warren J L, Yarnell J L Phys. Rev. 168 980 (1968)

165. Fisher B, Stolz H Appl. Phys. Lett. 40 56 (1982)

166. Schultheis L, Balslev I Phys. Rev. B 28 2292 (1983)

167. Dresselhaus G J. Phys. Chem. Solids 1 14 (1956)

168. Gross E F, Permogorov S A, Razbirin B S Usp. Fiz. Nauk 103 431

(1971) [Sov. Phys. Usp. 14 104 (1971)]

169. Permogorov S A Phys. Status Solidi B 68 9 (1975)

170. Klochikhin A A, Permogorov S A, Reznitskiy A N Zh. Eksp. Teor.

Fiz. 71 2230 (1976) [Sov. Phys. JETP 44 1176 (1976)]

171. Plekhanov VG Fiz. Tverd. Tela 36 3177 (1994) [Phys. Solid State 36

1691 (1994)]

172. Gross E et al. Solid State Commun. 10 1071 (1972)

173. Gross E et al. J. Phys. Chem. Solids 31 2595 (1970)

174. Yu P Y, in Excitons Vol. 14 (Ed. K Cho) (Berlin: Springer-Verlag,

1979) p. 211

175. Lipnik A A Fiz. Tverd. Tela 6 1068 (1964) [Sov. Phys. Solid State 6

823 (1964)]

176. Zinov'ev N N, Ivanov L P, Lang I G Zh. Eksp. Teor. Fiz. 83 2153

(1985)

177. Abakumov V N, Perel' V I, Yassievich I N Zh. Eksp. Teor. Fiz. 78

1240 (1980) [Sov. Phys. JETP 51 626 (1980)]

178. Benoit Guillaume C, Bonnot A, Debever J M Phys. Rev. Lett 24

1235 (1970)

179. Koteles E S, Vassel M O, Salerno J P J. Lumin. 34 63 (1985)

180. Lester S D, Kim T S, Streetman B G J. Appl. Phys. 63 853 (1988)

181. Travnikov V V, Krivolapchuk V V Zh. Eksp. Teor. Fiz. 85 2087

(1983) [Sov. Phys. JETP ZhETF 58 1210 (1983)]

182. Zhilyaev Yu V et al. Fiz. Tverd. Tela 22 1885 (1988) [Sov. Phys.

Semicond. 22 1195 (1988)]

183. Nel'son D K, Razbirin B S Fiz. Tverd. Tela 30 2791 (1988) [Sov.

Phys. Semicond. 30 1608 (1988)]

184. Brodin M S, Myasnikov E N, Marisova S V Polyaritony v Kristal-

looptike (Polaritons in Crystal Optics) (Kiev: Naukova Dumka,

1984)

185. Plekhanov V G, O'Connel-Bronin A A Phys. Status Solidi B 86 123

(1978)

186. Sermage B, Voos M, Schwab C Phys. Rev. B 20 3245 (1979)

187. Akhmediev F F Zh. Eksp. Teor. Fiz. 79 1534 (1980) [Sov. Phys.

JETP 52 773 (1980)]

188. StrashnikovaM I, Bessonov SA Zh. Eksp. Teor. Fiz. 74 2206 (1978)

[Sov. Phys. JETP 47 1148 (1978)]

189. Pevtsov A B, Permogorov S A, Sel'kin A V Pis'ma Zh. Eksp. Teor.

Fiz. 39 261 (1984) [JETP Lett. 39 312 (1984)]

190. Pantke K-Y, Broser I Phys. Rev. B 48 11752 (1993-II)

191. Pevtsov A B et al. Zh. Eksp. Teor. Fiz. 89 1155 (1985) [Sov. Phys.

JETP 62 665 (1985)]

192. Mariette H, Marfaing Y, Camassel J, in Proc. 18th Int. Conf. Phys.

Semicond Vol. 2 (Singapore: World Scientific, 1987) p. 1405

193. Toyozawa Y Progr. Theor. Phys. Suppl. (Kyoto) 12 11 (1959)

194. Weisbuch C, Ulbrich R G, in Scattering in Solids Vol. 3 (Ed.

M Cardona, G Guntherodt) (Berlin: Springer, 1982) p. 228

578 V G Plekhanov Physics ±Uspekhi 40 (6)



195. Plekhanov V G Opt. Spektrosk. 76 65 (1993) [Opt. Spectrosc. 76 59

(1993)]

196. Lifshits I M Fizika Real'nykh Kristallov i Neuporyadochennykh

Sistem (Physics of Real Crystals andDisordered Systems) (Moscow:

Nauka, 1987)

197. Ipatova I P, in Optical Properties of Mixed Crystals Chapter 1

198. Belitz D, Kirkpatrick T R Rev. Mod. Phys. 66 261 (1994)

199. Efros A L, Raikh N E, in Optical Properties of Mixed Crystals

Chapter 3

200. Van Vechten J A, Bergstresser T K Phys. Rev. B 1 3351 (1970)

201. Hill R, Richardson D J. Phys. C 6 L115 (1973)

202. Etchegoin P et al. Phys. Rev. B 48 12661 (1993-I)

203. Ablyazov N N et al. Phys. Status Solidi B 135 217 (1986)

204. Gourdon C et al. J. Lumin. (Netherlands) 39 269 (1988); 39 202

(1992)

205. Bodart J R, Feldman B J Solid State Commun. 54 581 (1985)

206. Plekhanov V G, Emel'yanenko A V Fiz. Tverd. Tela 34 1705 (1992)

[Phys. Solid State]; Emel'yanenkoAV,Avtoreferat Dis. Kand. Fiz.-

Mat.Nauk (Synopsis of PhDThesis) (Khabarovsk:KhIIZhT, 1995)

207. Plekhanov V G Phys. Lett. A 148 281 (1990)

208. Singh J, Bajaj K K Appl. Phys. Lett. A 44 1075 (1984)

209. Neu G, Mbaye A A, Triboulet R, in Proc. 17th Int. Conf. Phys.

Semicond (Berlin ± Tokyo: Springer-Verlag, 1984) p. 1029; Mbaye

A A, Raymond F, Verie C Solid State Commun. 50 459 (1984)

210. Maradudin A A, Califano S Phys. Rev. B 48 12628 (1993)

211. Plekhanov VG Fiz. Tverd. Tela 35 879 (1993) [Phys. Solid State]; 37

289 (1995) [Phys. Solid State 37 157 (1995)]

212. Davies G et al. Semicond. Sci. Technol. 8 127 (1993)

213. Etchegoin P et al. Solid State Commun. 83 843 (1992); CardonaM et

al. J. Non-Cryst. Solids 141 (1 ± 3) 257 (1992)

214. Davies G et al. Semicond. Sci. Technol. 7 1271 (1992)

June, 1997 Isotopic and disorder effects in large exciton spectroscopy 579


	1. Introduction
	2. Excitons in crystals of LiH
	2.1 A comparative study of the edge of fundamental absorption in LiH, Li2O, LiOH and Li2CO3
	2.2 Exciton reflection spectra of LiH crystals

	3. Band structure of LiH
	4. Exciton - phonon interaction
	4.1 Polarization interaction of free excitons with phonons
	4.2 Effects of temperature and pressure on exciton states
	4.3 Isotopic effect on electron excitations
	4.4 Luminescence of free excitons in LiH crystals

	5. Isotopic effect in emission spectrum of polaritons
	6. Isotopic disordering of crystal lattice
	6.1 Effect of disordered lattice on the energy of interband transitions in LiH_xD_{1-x} crystals
	6.2 Broadening of lines of exciton ground state in spectrum of mirror reflection
	6.3 Nonlinear dependence of binding energy on the isotope concentration
	6.4 Effect of disordering on linewidths of luminescence of free excitons

	7. Conclusions
	 References

